TRUONG THPT HUNG VUONG NHOM TOAN
CHUYEN DPE 1: LUQNG GIAC

A. KIEN THUC CAN NHO
1. Phwong trinh lwgng giac co ban

1, Cosx=Cosg 3, Tanx = Tano
xX=a+k2rx ox=a+kr (keZ)
(keZz)
x=—a+k2x

Pac biét:

Dic biét: @ Tanx=0 < x=krx

L)

N,
» Cosx =0 < x= 5 +kz % Tanx khong xac dinh khi x = % +krx

% Cosx=1< x=k27 (Cosx=0)
% Cosx=-1 x=r+k2n 4, Cotgx = Cotgor
2, Sinx = Sin « ox=a+kr(keZ)

Pac biét:
(ke Z)

x=a+k2r
I
x=rm—-a+k2r

o Cotgx=0 < x="tkn
Pic biét:

% Cotgx khong xac dinh khi:
% Sinx=0 < x=ikr

x = kz ( Sinx=0)

% Sinx=1 < x= %+k27r

Sinx = —1<:>x=—%+k277

2. Cong thire lwgng giac co ban

1. Sin%x + Cos2x =1 2
13, Sintx = — 21X
| 1+Tan"x
2. =1+4Tan’x —
Cos’x 14, Tanx = L= C052%
1+ Cos2x
3. =1+ Cotg’x

0,
L X4

Sin’x CosxCosy= % [Cos(x+ y)+ Cos(x - y)]

4. Cotgx.Tanx =1

0,
L X4

SinxCosy = %[Sin(x +y) + Sin(x - y)]

5. Sin*x = (1-C 1+C

x = (1-Cosx)(1+Cosx) % SinxSiny= - %[Cos(x +y) - Cos(x - y)]
6. C12 =1+Tan’x

o , ) , & Sinx + Siny = 2Sin| 2 |Cos| 2=
7. Sin(a’ b) = SinaCosb " CosaSinb 2 2
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¢ Sinx — Siny = 2C0s(x ; 24 jsm(x ; J j

8. Cos(a’b) = CosaCosb  SinaSinb

% Cosx + Cosy = 2C0s(x ; ijos(x _ yj

9. Sin2x = 2SinxCosx 2
10. Cos2x = Cos’x — Sin’*x = 2Cos?x - B
1 % Cosx — Cosy =— ZSin(x i ijin(x yj
2 2
=1 -2Sin’*x
11. =1+ Cotg’x
Sin’x &

12. Sin?x = (1-Cosx)(1+Cosx)

3. Cich giai mdt sé6 phwong trinh lwgng gidc thwong gip

a) Phirong trinh bdc 2 d6i véi mot ham s6 lwong gidc
Dang at?> +bt+ ¢ =0 ( v6i t = mot trong 4 ham sinx , cosx, tanx, cotx)
Giai pt bac 2 tim t thuoc [—1; 1]

b) Phirong trinh bdc nhat déi véi sinx va cosx
Dang asinx + bcosx = ¢
- Néu a2+ b? < ¢? thi phuong trinh v6 nghiém
- Néua?+ b? > c? thi chia ca 2 vé cho VaZ + b2

e 2. \ A . _ c . N , — a
Bién doi phtfong t,rmh vesin(x + a) = g Voia la goc cé cosa Ny
¢) Phuong trinh dang cap bdc 2
Dang asin’x + bsinxcosx + ccos’x +d =0
TH1: cosx = 0 thay vao pt xem c6 thoa man khong
TH2: cosx # 0 & x # §+ k2m
Chia ca 2 vé cho cos®x dua phuong trinh vé theo tanx roi giai tiép.
B. CAC DANG BAI TAP
I TRAC NGHIEM
DANG 1: HAM SO LUGNG GIAC
Ciu 1:T4p xac dinh cia ham sé Y = sin 1 la:
A D=R\{-1} B.D=(-1+x) C. D =(-o0;=1)U(0;4w0) D.D=R
A A , . N N X x+1 .
Cau 2:Tap xac dinh cia ham so y = cos la :
A.D=[-1;0) B.D =R\{0} C. D =(~o0;—1]U(0;+x0) D. D = (0;+)

Ciu 3:Tap xac dinh ctia ham s y =+/cosx—1+1—cos’x 1
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A.D=R\{Z+knkeR}  B.D={0} C.D=R\{knlk € R} D.D = {k2r|k € R}
Cau4: Tap D = R\ {kz—n |k € R}lé tap xac dinh cta ham sb nao sau day?

A.y = tanx B.y =cotx C. y =cot2x D.y = tan2x
Cau 5: Tap x4c dinh ciia ham s y = cot(x +§] Ia
A.D=R\{g+k2n|keR} B.D=R\{—§+kn|kER}

C.D =R\ {Z +knlk € R} D.D =R\ {-+k2nlk € R}

CAu 6:Xét ham s y = sinX trén doan[-m;0].Cau khang dinh nao sau day la ding ?

L T . \ .
A.Trén cac khoang (—W;—Ej ; (—53 0] ham so0 luén dong bién.

B.Trén khoang [—n;—gj ham sb dong bién va trén khoang (—g;oj ham s6 nghich bién.
C. Trén khoang (—n;—gj ham sb nghich bién va trén khoang [—%;Oj ham sb dong bién.
D.Trén cac khoang (—n;—gj ; (_%;Oj ham s ludén nghich bién.

Céu 9:Xét ham s6 Yy = tanx trén khoang [—%,gj .Céu khang dinh nao sau day la diing ?

T \ A A A K
;—] ham so luén dong bien.

A.Trén khoang [—g >

B.Trén khoang (— ;OJ ham s6 dong bién va trén khoang (O;gj ham sd nghich bién.

| a

C.Trén khoang [—%;Oj ham sb nghich bién va trén khoang (0;%} ham sb dong bién.

D. Trén khoang (—%gj ham sb ludn nghich bién.

Ciu 10: Chon khang dinh sai vé tinh chin 1é ciia ham s trong cac khang dinh sau.
A.Ham sd y=sinx 13 ham sé 1é. B.Ham s6y = cosx 1a ham sb chin

C. Ham sd y=tanx 12 ham s6 chén D.Ham sb y=cotx 13 ham sd 1¢

Ciu 11:Trong cac ham s6 sau dau 1a ham s chin ?

A. y = sin2x B. y=3sinx + 1 C. y=sinx +cosx p, y = cos2x
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Cau 12: Ham s0 y=sin2x tuan hoan véi chu ki :

A. 2n B.n c.z D. =
2 4
Ciu 13: Him s y= cos% tuan hoan véi chu ki :
A. 2rn B. % C. 6n D. 3x
CAu 14: Ham sd y=sin?x tuan hoan véi chu ki :
A. 2n B.n C. g D. 4n
DANG 2 : PHUONG TRINH LUONG GIAC
Cau 1. Nghiém cua phuong trinh  cosx =1 la:
A. x=kx B.x:%+k27z C. x=k2rx D.x=%+k7r
Cau 2. Nghiém cua phuong trinh  sinx = % la:
A x="1kox B. x=" tkn C.x=knx D.x="+k2x
3 6 6
Cau 3. Nghiém cta phuong trinh cosx =— % la:
A x=tZ1kox B. x=+" +k2x C.xziz—ﬂ+k27r D.x=+" 1z
3 6 3 6
CAu 4. Nghiém cua phuong trinh  cos’x = % la:
A x=+Z4k2r B.x=24+kZ C.x=+Z+k2r  D.x=+2+k2zx
2 4 2 3 4
Cau 5. Nghiém cua phuong trinh  sin3x = cosx la:
T T Vs V4
A.x=—+k—;x=—+knr B. x=k2m;x=—+k2x
8 2 4 2
C.x=k7r;x=£+ ko ‘D.x:kﬁ;x:kZ
4 2
Ciu 6. Nghiém cua phuong trinh sin?x + sinx = 0 thoa diéu kién: —% <x< %
A. x=0 B. x=r C.x== D.x=2
3 2

Cau 7. Nghiém ctia phuong trinh 2sin(4x —%) -1=0 la:

A.x=£+k£;x=7—”+k£ B.x=k27z;x=£+k27t
8 2 24 2 2
C.x=kmyx=rn+k2rx D.x=7r+k2ﬂ;x=k%

Cau 8. Nghiém ctia phuong trinh cosx + sinx = 1 la:
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A.x=k2ﬂ;x=%+k27r B.x=kﬂ;x=—%+k27r
C.x=%+k7r;x=k2ﬂ D.x=%+k7r;x=k7r
Cau 9. Nghiém cua phuong trinh sinx.cosx.cos2x =0 la:
A. x=kr B. x=k.2 C.x=kZ D. x=kZ
2 8 4
DANG 3: GIA TRI LON NHAT VA GIA TRI NHO NHAT
Céu 1: Gia tri nho nht va gia tri I6n nhat ctia ham sé y =3sin 2x -5 lan luot la:
A.—8va -2 B. 2va8 C. 5va?2 D.-5va3
Céu 2: Gia tri nho nhét va gia tri 16n nhét ctia ham sd y =7 —2cos(x + %) lan luot 1a:
A.—2va7l B. 2va?2 C.5va?9 D.4va7
Cau 3: Gia tri nho nhét va gia tri lon nhat ciia ham s y=4«/sinx+3 -1 lan luot 1a:
A2 va2 B. 2 va 4 C.4V2 12 8 D.42-1va 7

Ciu 4: Gia tri nho nhat ciia ham s6 y =sin’ x—4sinx—5 la:

A. 20 B.-9 C.0 D.-8
Ciu 5: Gia tri 16n nhét ctia ham s6 y =1-2cosx—cos” x la:

A.2 B.5 C.0 D.3

Ciu 6. GTNN va GTLN cua ham s y = 5cos2x — 12sin2x + 4 bang:
A.—9val7 B.4val5 C.-10val4 D.—4vag

Cau 7. Tim GTLN va GTNN cua ham s6 y = (2sinx + cosx )2 cos x —sin x).

A. —va —— B. —va —— C. —va —— D.5val
2 2 2 2 2
Cau8: Gi4 tri nho nhat va gia tri 16n nhat ctia ham sd y=3sin2x-5 lan luot 1a:
A. —8va -2 B.2va8 C.-5va?2 D. -5va 3
Céu 9: Gia tri nho nhét va gia tri I6n nhat ciia ham sé y =7 —2cos(x + %) lan luot la:

A. -2va7 B. 2va?2 C.5va9 D.4va7

Cau 10: Gia tri nho nhét va gia tri 16n nhét cia ham s6 y=4+sinx+3 -1 lan luot 1a:
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A.\2va2 B.2va 4 C. 4214 8

Céu 11: Gia tri nho nhét cia ham sb y =sin® x—4sinx +2 la:
A. 20 B. -1 C.0
Ciu 12: Gia tri 16n nhat ciia hAam s6 y =4—2cosx—cos’ x la:

A. 2 B.5 C.0

NHOM TOAN
D. 4J2-1va7

D. 9

D.3
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II. TULUAN
GIAI CAC PHUONG TRINH SAU

Bai 1: a) 2sin’x +5cosx +1=0
b) 3 — 4cos’x = 2sin’x + sinx
¢) 2cos*x + 3sin’x —2 =0
d) 4sin*x + 12cos’x —7=0
Bai 2: a) sinx + v3cosx = 1
b)v3cos3x — sin3x = /2
¢) sin3x - v/3cos3x = 2sinx
Bai 3: a) 6sin’x + 7+/3sin2x — 8cos®x = 6
b) 2cos’x + 2sin2x — 4sin’x = 1
c)sinx — 4sin’x + cosx =0
Bai4: a) cos2x —cosx — 3 sinx—2 =0
b) cos2x + 3cosx + 2 = sinx
¢) sin2x + 2cos2x = 1 + sinx — 4cosx

d) 2sin2x — cos2x = 7sinx + 2cosx — 4

NHOM TOAN

e) 5cos2x +22sinx — 17=0
f) cos2x — 3cosx = 4cos2§

g) Stanx —2cotx —3 =0

d) v/3cosx — sinx = 4sinx.cosx-

e) cos7x — sin5x = v/3(cos5x — sin7x)

€) 2sin?2x + sin6x = 2c0s’x
f) 2sin®*x + cos2x + cosx = 0

g) (sinx — cosx + 1)(2sinx — cosx) = sin2x
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CHUYEN DPE 2: TO HQP - XAC SUAT — NHI THUC NIU TON

A. KIEN THUC CAN NHO

1. QUI TAC PEM .

1. Quy tic céng: Gia sir cong viée co thé tién hanh theo mot trong hai phuwong 4n A va B. Phuong 4n A c6 thé
thuc hién bdi n cach; phuong an B c6 thé thuc hién bdi m cach. Khi do, cong viéc dugc thuc hién theo n +
m cach.

2. Quy tidc nhén: Gia sir cong viéc bao gdm hai céng doan A va B. Cong doan A c6 thé thyuc hién béi n cach;
cong doan B co thé thuc hién boi m cach. Khi do, cong viéc dugc thuc hién bdi n.m cach.

3. Giai thira
0!'=1;n!=1.23...n
Tinh chat: n!=n(n-1)!

II. HOAN VI — CHINH HOP — TO HOP

1. Hodn vi:

a. Dinh nghia: Cho tap A c6 n phan tir. Mdi sy sdp xép ctia n phéan tir d6 theo mot thir tu dinh trudc 1a mot
phép hoan vi cac phén tir ciia tap A.

b. Pinh Iy: S6 phép hoan vi cia tap hgp c6 n phan tir, ki hiéu Pn 1a: Pa=n!=1.2.3...n
2. Chinh hop:

a. Pinh nghia: Cho tip hop A c6 n phan tir. Xét sé k € Nma 1<k <n. Khi ldy ra k phan tir trong s6 n phan tir
roi dem sdp xép k phan tir d6 theo mot thi ti dinh trude, ta duge mot phép chinh hop chap k cia n phan ti.

b. Dinh Iy: S6 phép chinh hop chap k cta n phan tir, ki higu A 1a: A* =n.(n-1)..(n—k+1)=

(n—k)! )
3. Té hop:

a. Pinh nghia: Cho tip hop A c6 n phan tir vi sé k € N ma 1<k <n. Mot tdp hop con ciia A c6 k phan tir duoc
g0i 1a mot to hop chap k cta n phan ti.

n! n(n-1)..(n—k+1)

b. Dinh Iy: SO t6 hop chap k ciia n phan tir, ki hidu c* 1a: k= =
k!(n—k)! k!

c. Hai tinh chit co ban ciia t6 hop:

Choa, keN':
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III. KHAI TRIEN NHI THUC NEWTON

(a+b)" =D Ca™ b
k=0
=Ca"+Ca" 'b+.+Ca" b +.+Cb'

Nhdn xét:

— Trong khai trién nhi thirc Newton ¢6 n + 1 s hang.

— Trong mot s0 hang thi tong s6 mii cia a va b bang n.

— Cac h¢ so cua khai trieu nhi thire cach déu so6 hang dau va cudi thi bang nhau.
— S0 hang tong quat thir k + 1 ki hiéu T+ thi: T,,, =Cka"*b"

- C+C +C+..+Cr=2"

— O -C 4+ CC ot (-1) CE o (-1)C =0

Chu y:

— (a+b)" = Cka"*b* 14 khai trién theo s mii ctia a giam dan.
k=0

—  (a+b)" = Cka"b"* la khai trién theo sb mii cia a ting dan.
k=0

IV.XAC SUAT

1. Khai niém:
Khong gian mau Q 13 tap hop tt ca két qua co thé xay ra ciia mot phép thir.
Bién cd A 1a tap hop con ciia Q
Hai bién c6 xung khic néu giao cua chung 1a tp rong
Hai bién c6 1a doc 1ap néu su xay ra bién ¢ nay khong anh huong dén sy xay ra bién cb kia.
n(A)
n(Q)
Trong do n(A) la s6 phﬁn tir ciia A, n(Q) 1a sd phﬁn ti cua Q.
2. Tinh chat:
0<PA)<1
P(A N B) =P(A) P(B) néu 2 bién ¢6 A, B doc 1ap nhau.

Xéc sudt ctia bién cb A 1a P(A) =

B. PHAN BAI TAP
L. Trac nghiém

Dang I: Bai toan vé quy tic dém

Phwong phdp gidi: Cin phan bigt cong viéc phdi lam dwoc tién hanh theo phwong dn A hodc B dé chon quy
tic cong, hodic bao gom cong doan A va B dé chon quy tic nhan.

BAI 1 : Ban X vao siéu thi ¢ mua mdt 40 so mi, theo ¢& 40 hodc 41. C& 40 ¢6 3 mau khac nhau, ¢& 41 c6 4
mau khac nhau. Hoi X ¢6 bao nhiéu cach chon?

A. 4 B.3 C.7 D. 12

BAI2 : Chotip A= {0;1;2;3;4} . C6 bao nhiéu s6 chin ma mdi s6 gém ba chit sb khac nhau chon trong sb cac phan tir

cia A?

A. 30 B.18 C.12 D. 60
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BAI3: Tu tap A ={1,2,3,4,5} hoi co thé 1ap dugc bao nhiéu s6 ¢ 7 chit s6 sao cho chit s6 1 xuat hién 3 lan, con

céc chit s6 khac xuat hién mot 1an?

A. 840 B. 800 C. 1000 D. 860
Dang 2: Thuc hién phép hoan vi
Phwong phap gidi:

* Swdung phép xép dit ciia n phzfin tir co thir ty: P, =n!=1.23...n
Thuc hién quy tic cong hodc quy tic nhén

BAI1 Ban X moi hai ban nam va ba ban nit du tiéc sinh nhat. Ban dinh Xép nam, nir ngéi riéng trén cac chiéc
ghé, xép theo mot hang dai. Hoi X c¢6 bao nhiéu cach xép dat?

A. 120 B.24 C.6 D. 60
BAI 2. Sép xép 5 ngudi vao mot bang ghé c6 5 chd. Hoi co bao nhiéu cach.
A. 120 B.24 C.6 D. 60

Dang 3: Thuc hién phép chinh hop

Phwong phdp gidi: Phép xép dit c6 thir tw ciia k phan tiv trong n phan tie:
n!

(n—k)!

Alr‘1 = n.(n—l)...(n—k+l) =
BAI 1: Trong mit phang cho 7 diém A, B, C, D, E, M, N khac nhau. Cé bao nhiéu vecto ndi hai diém trong cac
diém do?

A. 120 B. 24 C.42 D. 60

BAI 2: Tu tap A ={0,1,2,3,4,5} c6 thé lap dugc bao nhiéu $6 ¢ 4 chit s6 khac nhau?

A. 120 B. 24 C.6 D. 300

BAI 3. Mot ngay hoc 3 mén trong sé 7 mén hoc. Hoi ¢ bao nhiéu cach xép thoi khoa biéu trong mot ngay.
A. 120 B. 210 C.6 D. 60
Dang 4: Thuec hién phép té hop

Phwong phdp gidi: Phép xép dat khong cé thir tw ciia k phin tiv chon trong n phan tir:
n!

C=——— (0<k<n
" k!(n-k)! ( )
BAI 1: Cho 7 diém phan biét khong ton tai ba diém thang hang. Tt 7 diém trén c6 thé 1ap dugc bao nhiéu tam
giac?
A. 12 B.24 C.35 D. 60
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BAI 2. C6 méy cach rat 3 quan bai tir bo bai 52 quan

A. 1200 B. 2460 C. 4960 D. 5670

BAI 3. C6 miy cach phan phdi 15 san phdm cho 3 ngudi sao cho nguoi thir nhat c6 hai san phdm, ngudi thir hai
¢6 3 san pham, nguoi thi 3 ¢6 10 san pham.

15!

A. 9030097 .
213110!

C. 670598760 D. 20

k k
Dang 5: Tim n € N* trong phwong trinh chira Pn > An ) Cn

Phuwong phap giai: Dung cdc cong thuc:

— . AR _ _ — -
P =n! (n>1); A;=n(n-1)..(n k+1)_(n—k)! (1<k<n); C “ln) (0<k<n)
BAI 1: Timn € N*, néu co: zizAi (1).
n-1
A3 B. 4 C.-5 D. 10
BAI 2: Tim ne N, néu co: 6n-6+C> >C . (2)
A. 3,4,5,6,7,8,9,10,11,12 B. 4,5,6,7,8,9 C.1,2,34,5,6 D. 10

Dang 6: Tim phan tir dic biét trong khai trién ciia (a + b)™.(Tim s6 hang chira x* trong khai trién)

Phwong phdp gidi: Str dung cong thirc khai trién ciia nhj thivc Newton:

n—kq k n-1 n—21.2 n—kq k n
a+b Z(j(a b Coa +Ca b+C2a b+ +Cka b . +Ob (khai trién theo liiy thiva ciia a tang, b gidm)

(Chii y: (a+b)’ ZCkakb" ¥ khai trién theo liiy thira ciia a giam dan, b ting dan)

k=0
Cich 2: sir dung sé hang tong qudt thir k + 1 trong khai trién nhi thivc Newton

S6 hang tong quét hay s6 hang thtr (k + 1) 1a T, = C*a"*b*, v6i 0 <k <n va k 1a s6 nguyén.

BAI 1: Tim sb hang chita x? trong khai trién (11 + x)'!.

A. C3118x3 B. C3116x3 C.C311%x3 D. C3 11103
11 11 11 11

BAI 2: Trong khai trién [2%/_ —%J , (x > 0), hdy tim s6 hang khong chira x.
X

A. C3116 B. C},26(—3)* C.0 D. 2108

BAI 3: Tim hé s6 cua x® trong khai trién [1+x (1-x)]
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A. 200 B. 300 C. 238 D. 234

BAI 4: Cho khai trién: (1+2x)" =a, +a,x +a,x’ +..+a,x"’, 0 cac hé s0 a,,a,,a,,..,a,,. Tim h¢ 6 16n nhat

A. 15360 B. 15600 C. 120980 D. dap an khac

Dang 7: Tim tong cé chira C*

Phurong phép giai: Tir dé bai, ta lién két véi mét nhi thire khai trién va cho x gia tri thich hop, tir d6 suy ra két
qud.

BAI 1: Tinh téng: S =C, +C +C +..+C; S,=C-C +C —...+(—l)k G+.+H-1)'C

A S1=2",8=0 B.S1=0,S2=2" C.S1=2",S,=2" D.dap an khac
BAI 2: Tinh tong: S, =C), +C2, +C +..+C2; S, =C,, +C, +..+C2"

A. S3 =221 §y= 220l C.S3=22"1 S4=0
B. S3=0, S4= 22! D.S3=0,S4=0

BAI 3: Tinh tong: T=C"-2C' +22C* -2°C} + ~+(=2)"Ch
A1 B.-1 C. (-1 D. dap 4n khac
Dang 8: Tinh xac suit
Phwrong phap gidi:
Buéc 1: mé ta khéng gian mau va tinh n(w)

Burde 2: dat tén bién c¢é A va tinh n(4)

Buée 3: tinh P(4) = 22

n(w)
II.  BAITAP TONG HQP

Cau 1. Tir thanh phd A dén thanh phd B ¢ 3 con dudng, tir thanh phd B dén thanh phd C ¢6 2 con duong, tir
thanh phd C dén thanh phd D ¢6 2 con dudng, tir thanh phd A dén C c6 4 con duong. Khong c6 con dudng nao
ndi tryc tiép thanh phd B v6i D hodc ndi A dén D. S6 duong di khac nhau tir thanh phd A dén D 1a

A.32 B. 20 C.36 C.48
Céu 2. S6 céc s6 ty nhién nho hon 200000, chia hét cho 3, ¢6 thé dugc viét boi cac chir s6 0, 1,2 1a

A.N =162 B.N = 144 C.N=216 D. N =243
Cau 3. Tir cac chit s6 0, 1, 2, 3, 4, 5, 6 co thé 1ap duoc sd cac sb gdm 3 chit sb 1a

A.N =250 B. N =268 C.N=294 D. N =300

12
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Cau4. Tircacchirso 0, 1,2, 3,4, 5, 6 ¢6 thé 1ap dugc so cac so gom 5 chir s6 d61 mot khac nhau va chia hét
cho2la

A.N=1080 B.N=1260 C.N=1120 D. 1320

Cau 5. Tir cac chit s6 0, 1, 2, 3, 4, 5, 6 c6 thé 1ap duoc sd cac sb gdm 6 chit s6 ddi mot khac nhau va chia hét
cho51a

A. 1320 B. 1440 C. 1280 D. 2560

Cau 6. C6 20 ddi bong da tham gia tranh cap vo dich ngoai hang Anh. Ctr 2 d6i phai d4u véi nhau 2 tran gdm
mot tran luot di va mot tran luot vé. Sau mdi vong thi mdi d6i d da thém maot tran. SO tran va sd vong 1an luot
la

A.380va 19 B. 380 va 38 C.190va 19 D. 190 va 38

Cau 7. S6 palindrom 12 sb ma néu ta viét cac chit sd theo thir tw nguoc lai thi gia tri ctia n6 khong thay dbi. Vi
du: 12521 12 mét sb panlindrom. C6 bao nhiéu sé palindrom gdom 5 chir s6?

A.N=1800 B. N = 2400 C.N =900 D.N=1200

Cau 8. Mot bo hoa gdm c6 5 bong hdng tring, 6 bong hong do va 7 bong hong vang. Hoi ¢ miy cach chon 1ay
3 bong hoa gdm du ba mau?

A.N=120 B. N =240 C.N=320 D.N=210
Cau 9. Tir cac chit s6 1, 2, 3, 4, 5 ¢ thé 1ap duoc s6 cac s ¢6 3 chir sb d6i mot khac nhau 12
A.N=060 B.N=30 C.N=125 D.N=25
Cau 10. Tur cac chirs6 0, 1, 2, 3, 4, 5, 6 ¢ thé 1ap dugc sb cac s6 chin c6 3 chir sb 1a
A.N=144 B.N =105 C.N =248 D.N =168
Cau 11. Tir cac chits6 0, 1, 2, 3, 4, 5, 6 ¢6 thé 1ap duoc s6 cac sb ¢ hai chir s ma ca hai chit sé déu chén la
A.N=20 B.N=12 C.N=16 D.N=25
Cau 12. Sb céc s6 c6 3 chit s6 d6i mot khac nhau chia hét cho ca 2 va 5 1a
A.N=72 B.N =36 C.N=28l1 D.N=90

Cau 13. Mot nguoi co 7 cai 4o trong d6 c6 3 4o trang va 5 cai ca vat trong do6 c6 2 ca vat mau vang. SO cach
chon mot 40 va mot ca vat sao cho da chon 4o trang thi khong chon ca vat mau vang la

A.N=35 B.N=18 C.N=29 D.N =31
Cau 14. Cho tap hop A = {1, 2, 3, 4, 5}. C6 bao nhiéu cap sap thir tw (x, y) biét x va y déu thudc A.
A.N=15 B.N =20 C.N=25 D.N=10

Cau 15. Cho tap hop A = {1, 2, 3, 4, 5}. C6 bao nhiéu cap sép thir tu (x, y) thoa man x va y thudc A sao cho x +
y=6.

A.N=5 B.N=6 C.N=7 D.N=8
Cau 16. S6 cac s6 ¢6 2 chir s6 ma chir s6 dung trude 16n hon chit s6 dimg sau 1a
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A.N=50 B.N =30 C.N=65 D.N =45

Cau 17. T 6 chirs6 1, 2, 3, 4, 5, 6 c6 thé 1ap duogce s6 cac s6 16 gdm 2 chit s6 1a
A.N=15 B.N=18 C.N=36 D. N =30

Cau 18. Tir 6 chirsb 1, 2, 3, 4, 5, 6 ¢6 thé 1ap duogc sb cac s6 gdm 3 chit s6 d6i mot khac nhau khong chia hét
cho51a

A.N=108 B.N =121 C.N=100 D.N=120

Cau 19. T 6 chit s6 1, 2, 3, 4, 5, 6 ¢6 thé 1ap duoc s6 cac sb ¢6 3 chir s ma téng céc chit sd bﬁng s6 chén 1a
A.N=108 B.N =50 C.N=100 D.N =128

Cau 20. T 6 chirsb 1, 2, 3, 4, 5, 6 ¢6 thé 1ap duogc sb cac s6 co 2 chit s6 khac nhau va chia hét cho 9 1a
AN=6 B.N=12 C.N=38 D.N=4

Cau21.Tu 0, 1,2, 3, 4,5 cé thé 1ap duoc sb cac s6 c6 3 chir sb d6i mot khac nhau va khong chia hét cho 5 1a
A.N=064 B.N =30 C.N=48 D.N=120

Cau22.Tu 0, 1,2, 3,4, 5 c6 thé 1ap duoc s6 cac sd chin co 3 chir s6 d6i mot khac nhau va nho hon 300 1a
A.N=40 B.N=20 C.N=24 D.N=36

Cau 23. Tur cac chirs6 1, 2, 3, 4, 5, 6 ¢6 thé 1ap duoc s6 cac s6 co 3 chir sé doi mot khac nhau 16n hon 300 va
nhd hon 500 la

A N=32 B.N =40 C.N=26 D.N=44

Cau 24. SO céach sap x€p 4 vién bi do c6 danh dau khac nhau va 4 vién bi den c6 danh dau khac nhau xép thanh
mot day sao cho cac mau xen ké nhau la

A.N=1152 B. N = 1440 C.N=1280 D.N=1960

xEx-D! 1

Cau 26. Giai phuong trinh
x+1)! 6

A x=1Vx=4 B.x=2Vx=5 C.x=2Vx=3 D.x=1Vx=5

. . ! 1)

Cau 27. SO céc soO tu nhién n thda min ! X+ n(n - 1<51la
n—2 " (n+1)(n-3)14! 12(n—3)n—4)!2!

A 2 B.3 C. 4 D.5

Cau 28. Goi X 1 tap hop cac s ty nhién gém 5 chir sb d6i mot khac nhau 1ap tir cac chir sb 1, 2, 3, 4, 5. S6
phan tir ctia X bat dau bang chir s6 5 1a

A N=12 B.N=24 C.N=48 D.N=20

Cau 29. Goi X 1a tap hop cac s ty nhién gém 5 chit sb d6i mot khac nhau 1ap tir cac chir sb 1, 2, 3, 4, 5. S6
phan tir cia X khong bat dau bang chir sd 1 1a

A.N=45 B.N=90 C.N=60 D.N=96

14
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Cau 30. Goi X 1a tap hop cac s ty nhién gém 5 chir sb d6i mot khac nhau 1ap tir cac chir sb 1, 2, 3, 4, 5. S6
phén tir ciia X khong bt dau bang 345 1a

A.N=120 B.N=116 C.N=112 D.N=118

Cau 31. Goi X 1a tap hop cac s ty nhién c6 4 chir s6 d6i mot khac nhau 1ap tir cac chit s6 1, 2, 3, 4. Tim tong
tat ca cac s cua X.

A. 99990 B. 88880 C. 33330 D. 66660

Cau 32. Trén mot ké sach c6 5 quyén sach Toan, 4 quyén sach Li, 3 quyén sach Van. Cac quyén sach déu khac
nhau. Hoi ¢6 bao nhiéu cach sip xép cac quyén sach trén theo timg moén?

A. 103680 B. 831600 C. 3326400 D. 1663200

Cau 33. Tur cac chirs6 0, 1, 2, 3, 4, 5 c¢6 thé 1ap duoc s6 cac sb gdm 8 chit so, trong d6 chir s6 1 ¢6 mit 3 1an,
mdi chit s6 khac c6 mit ding mét lan la

A. 5880 B. 3210 C. 1080 D. 4320
Cau 34. SO céc s6 tu nhién ¢6 3 chir sd khac 0 va déi mot khac nhau, déng thoi téng cta 3 chit sb béng 91a
A.N=12 B.N=24 C.N=18 D.N=20

Cau 35. Tir cac chir sd 1, 2, 3, 4, 5, 6 thiét 1ap tat ca cac sd ¢ 6 chir s6 khac nhau. Trong céc sd da thiét 1ap
duoc, s cac s6 ma hai chir s6 1 va 6 khong ding canh nhau 1a

A.N =320 B.N=360 C.N=420 D. N =480

Cau 36. Sap xép 7 ngudi vao mot diy ghé 7 chd ngdi. S6 cach sip xép chd ngdi sao cho 4 ngudi xac dinh cia
nhom ngdi ké nhau 1a

A.N=576 B. N =480 C.N =360 D.N =180

Cau 37. Sap xép 7 ngudi vao mot diy ghé 7 chd ngdi. S6 cach sap xép chd ngdi sao cho cd 2 nguoi xac dinh
ctia nhom khong ngdi k& nhau 1a

A.N=1246 B. 3600 C.N=1860 D. 3200

Cau 38. Sip xép 6 nam va 4 nit vao mot diy ghé 10 chd ngodi. SO cach sip xép dé nhom nam ngdi ké nhau va
nhom nit ngdi ke nhau 1a

A. 34560 B. 36540 C. 65430 D. 54360
Cau 39. Sap xép 6 nam va 4 nir vao mot day ghé 10 chd ngdi. S6 cach sap xép dé chi c6 nir ngdi ké nhau 1a
A. 192600 B. 129600 C. 120960 D. 160920

Cau 40. Co6 3 vién bi den khac nhau, 4 vién bi do khac nhau, 5 vién bi vang khac nhau. So6 cach sap xép céc vién
bi trén thanh mdt day sao cho cac vién bi cung mau & canh nhau 1a

A. 106830 B. 34560 C. 43560 D. 103680

Cau 41. T 5 chit sd 1, 2, 3 ¢6 thé 1ap duoc s6 cac s gém 7 chit sb, trong d6 chit s6 1 c6 mit 3 1an, chit s6 2 ¢o
mat dung 2 lan, chit s6 3 c6 mit 2 1an 1a

A.N=120 B.N=210 C.N=320 D. N =203
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Cau 42. SO cac so gom 9 chir s0, trong d6 ¢6 5 chir so6 1 dugce xép ké nhau va 4 chit s6 con lai gom 2, 3,4, 5 1a

A.N=120 B.N =210 C.N=180 D.N=2810
Cau 43. Tim s tu nhién n théa A’ =20n

A.n=5 B.n=6 C.n=10 D.n=12
Cau 44. Tim s6 tu nhién n thoa A’ +5A% =2(n + 15)

A.n=2 B.n=4 C.n=3 D.n=35
Cau 45. Tim s6 tu nhién n thoa A2 —3A2 =42

A.n=10 B.n=8 C.n=6 D.n=16
Cau 46. Tim s6 nguyén duong n sao cho 2P, + 6A2 —P A2 = 12

A n=2Vn=3 B.n=3Vn=4 C.n=4Vn=5 D.n=2Vn=4

4
Cau 47. Sb céac gia tri nguyén duong cta n thoa méin h—ipﬁ <0la
n+2 n-1
L. A. 36 B.35 C.33 D. 30

Cau 48. S6 cac sd tu nhién gdm 5 chit s6 sao cho hai chir s6 ké nhau phai khac nhau 1a
A. 59049 B. 27126 C. 39366 D. 34020

Cau 49. Tir cac chits6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap sb cac sd gém 5 chit s6 d6i mot khac nhau va phai c6 mat chir
s651a

A. 1260 B. 1360 C. 1460 D. 1560
Cau 50. S6 cac s tu nhién c¢6 4 chir s6 sao cho chir s6 dau va chir s6 cubi gidng nhau 1a
A.N =560 B. N =540 C.N=960 D. N =900
Cau 51. SO céc sb tu nhién ¢6 4 chit s6 sao cho chit sb dau va chir sé cudi khac nhau 1a
A.N=1800 B. N =6300 C. N =5400 D. N =8100
Cau 52. S6 cac sd tu nhién c¢6 4 chir s6 sao cho hai chit s6 dau gidng nhau va hai chir s cudi gidng nhau 14
A.N =100 B.N=120 C.N=90 D.N =135

Cau 53. Mot bién sb xe gdm 2 chit cai dimg trudc va 4 chir s6 ding sau. Cac chit cai duoc 1ay tir 26 chit cai A,
B, C, ..., Z. Céc chit s6 duoc léy tr 10 chit s6 0, 1, 2, ..., 9. SO bién sb xe trong d6 c¢6 hai chir cai giéng nhau va
4 56 d6i mot khac nhau va c6 it nhét 2 s6 khac 0 1a

A. 127600 B. 130078 C. 172600 D. 110036

Cau 54. Mot nguoi mudn xép dit 6 pho tugng tir 8 pho tugng vao mot diy 6 chd trong trén mot ké trang tri. S6
cach xép dat 1a

A.20160 B. 21600 C. 26010 D. 26100
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Cau 55. Chotap hop X=1{0,1,2,3,4, 5,6, 7}. Co thé 1ap dugc s cac so tur nhién gom 5 chir s6 khac nhau doi
mot ldy tir X néu mot trong ba chit s6 dau tién 13 chir s6 1 1a

A. N = 3000 B. N =2280 C.N=2160 D. N = 2620
Cau 56. Tir 5 chir s6 0, 1, 3, 6, 9 c6 thé 1ap duoc s cac sb c6 4 chit s doi mot khac nhau va chia hét cho 3 1a
AN=12 B.N=16 C.N=18 D.N =20
Cau 57. S6 cac s6 ¢6 6 chit s6 d6i mot khac nhau sao cho co matsé 0 vasd 1 1a
A. 32500 B. 42000 C. 36000 D. 48200

Cau 58. T 8 chits6 0, 1,2, 3,4, 5,6, 7 co thé 1ap duoc sb cac sd gém 6 chir sb d6i mot khac nhau trong do co
mit chit s6 4 1a

A. 13250 B. 14400 C. 13320 D. 31240

Cau 59. Tinh téng cua tat ca cac s tu nhién gém 4 chir s6 khac nhau d6i mot duoc tao thanh tir 6 chit s 1, 3, 4,
5,8,09.

A. 1999800 B. 1999000 C. 1899900 D. 1889900
Cau 60. Tinh téng clia tat ca cac s tu nhién g@)m 4 chir s6 khac nhau dugce tao thanh tir 5 chir s6 0, 1, 2, 3, 4.
A. 299800 B. 259980 C. 299580 D. 289900

Cau 61. S cac s6 1 ¢6 6 chir sb d6i mot khac nhau nhé hon 600000 1a

A. 30240 B. 33690 C. 36960 D. 39660
A Xy o a R 1 C; Ck C, .,
Cau 62. Két qua rt gon biéu thic A= C +2—-+..+k—5+..+n—5 14
Cn Cn E
A.n(n+1)/2 B.n(n+1) C.n(n+2)/3 D.n(n-1)/3
A . 1 1 1
Cau 63. Giai phuong trinh ——-—=
C, C C;
Ax=1 B.x=2 C.x=3 D.x=4

Cau 64. Giai phuong trinh C;* =Ch !

A.x=8Vx=6 B.x=10Vx=8 C.x=8Vx=14 D.x=6Vx=14
Cau 65. Tim s6 ty nhién x thoa A2 , +C> =101

A.x=10 B.x=12 C.x=6 D.x=8
Cau 67. Tim s tu nhién x thoa C7> =5A2

A.x=8Vx=16 B.x=9Vx=17 C.x=17 D.x=16

Cau 68. S6 nghiém cua bt phuong trinh C! |, ~C} | < %Ai_z 1a
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A. 4 B.5 C.6 D. vd sb

Cau 69. Giai phuong trinh C} 7 +2C | =7(x - 1)

A.x=5 B.x=4 C.x=3 D.x=7
Cau 70. Giai phuong trinh A =336C*3

A.x=17 B.x=8 C.x=9 D.x=10
Cau 71. S gia tri nguyén duong cia n théa 4C!, —4C3 | <5A2, 1a

A.0 B.6 C.7 D. v6 s6

Cau 72. S gia tri nguyén duong cia x théa 2C%. +3A2 <30 la
x+1 X

A0 B.2 C.1 D.4
) o - 5CL =6C!
Cau 73. Giai h¢ phuong trinh G
Cla =3¢

A (xy)=(9:4) B.(x;y)=(9;5) C.x;y)=(8;5) D. (x;y)=(8;3)

2AY +5C2 =90

Cau 74. Giai hé phuong trinh
5AY +2CY =80

AAXKY)=(4 B.xy)=(63)  Cxy=(62)  DXxy=(5:2)
Cau 75. Tim s tu nhién k sao cho C},,CY",CY? 1ap thanh mot cap sb cong.
A.k=3Vk=9 B.k=4Vk=8 C.k=3Vk=38 D.k=4Vk=9

Céu 76. Cho 20 cau hoi, trong d6 ¢ 8 cau 1y thuyét va 12 bai tap. Ngudi ta cau tao thanh cac dé thi sao cho
trong mdi d¢é thi phai gdbm 5 cau hoi, trong d6 nhét thiét phai c6 it nhat 2 cau Iy thuyét va 2 bai tap. Hoi co thé
tao ra bao nhiéu dé thi?

A. 8965 B. 8569 C. 9856 D. 9658

Cau 77. Mot 16p hoc ¢6 40 hoc sinh, trong d6 gém 25 nam va 15 nit. Gido vién cht nhiém mudn chon mot ban
can su 16p gdm 4 em. Tinh s6 cach chon, néu trong 4 nguoi c6 it nhat mot em nam.

A. 90025 B. 32500 C. 31500 D. 92500

Cau 78. Cho 5 diém phan biét va khong c¢6 3 diém nao thing hang. S6 doan thing va sb tam gic tao thanh tir 5
diém d¢ 1an luot 1a

A.20va 10 B.10va 10 C.10va 20 D.20va 20

Cau 79. Mot thi chira 6 vién bi tring va 5 vién bi xanh. LAy ra 4 vién bi tir ti, c6 bao nhiéu cach lay duoc 4
vién bi cung mau?

A. 10 B. 15 C.20 D. 25

Cau 80. Tir 20 ngudi, chon ra mot doan dai biéu gom 1 truong doan, 1 phéd doan, 1 thu ky va 3 ay vién. S6 cach
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chon la

A. 4615200 B. 4561200 C. 4651200 D. 4156200

Cau 81. Tur 5 bong hong vang, 3 bong hong tring va 4 bong hong do6, cac bong hoa xem nhu d6i mot khac
nhau, chon ra mot b6 hoa gdm 7 bong, s cach chon bé hoa trong d6 cé it nhat 3 bong hong vang va it nhat 3
bong hong do 1a

A N=112 B.N=150 C.N=120 D.N=115

Cau 82. T 860, 1,2,3,4,5,6,7 co thé 1ap duoc s6 cac sd gé)m 10 chit s, trong d6 chir 6 6 c6 mit ding 3
1an, chit s6 khac c6 mit diing mot 1an 1a

A. 544320 B. 534420 C. 445320 D. 234540

Cau 83. Tir cac chits6 0, 1, 2, 3,4, 5,6, 7 co thé 1ap duoc s6 cac sb ¢6 5 chir s6 doi mot khac nhau sao cho ¢
dung 3 chit s6 chin va 2 chir sb 1¢ 1a

A.N=3600 B. N =2488 C.N=2520 D. N = 2448

Cau 84. C6 bao nhiéu sb tw nhién gdm 6 chit s6 d6i mot khac nhau, trong d6 c6 mit chit s6 0 nhung khong c6
chit s6 1?

A. 33600 B. 36300 C. 33060 D. 36030

Cau 85. SO cac so tu nhién gom 7 chir so, biét chit s6 2 ¢c6 mat ding 2 lan, chit s6 3 ¢6 mat diing 3 1an va cac
chit s con lai c6 méat khong qua mét lan la

A. 11360 B. 11640 C. 11340 D. 11520

Cau 86. Tir mot tap thé gdm 6 nam va 8 nit trong d6 c6 An va Binh, ngudi ta mudn chon mét to cong tac gdm
¢6 6 ngudi. Tim s6 cach chon néu trong to ¢6 mot td trudng, 5 t6 vién hon nita An va Binh khong ddng thoi co
mat trong t0.

A.2974 B. 15048 C. 14320 D. 9744

Cau 87. Trong nhom 16 hoc sinh c6 3 hoc sinh gioi, 5 kha, 8 trung binh. S& céch chia thanh hai t6, mdi to 8 hoc
sinh sao cho mdi t6 déu c6 hoc sinh gioi va it nhét 2 hoc sinh kha la

A. 2560 B. 3210 C. 3780 D. 4420

Cau 88. Trong mit phing cho n dudng thing cit nhau timg d6i mot, nhung khong c6 3 dudng thing nao dong
quy. S6 giao diém la

A.n(n-1)/2 B.n(n+1)/2 C.n(n+2)/3 D.n(n+3)/4

Cau 89. Cho 10 diém phan biét trong d6 khong c6 3 diém nao thing hang. S6 duong thing di qua 2 trong 10
diém trén 1a

A.N=45 B.N=90 C.N=280 D.N=72

Cau 90. Cho da giac 16i c6 n canh, n > 4. Tim n sao cho da giac c6 sb dudng chéo bang sb canh.
A.n=7 B.n=6 C.n=5 D.n=38

Cau 91. Cho mdt da giac 16i c6 15 canh. S6 tam giac ¢6 3 dinh tring véi 3 dinh cua da giac 1a
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A.N =455 B. N =235 C.N =525 D. N =425

Cau 92. Tim sb giao diém t6i da ciia 10 dudng tron phan biét.
A.N=45 B.N=90 C.N=180 D.N=135

Cau 93. Cho hai duong thing song song d, A. Trén d liy 17 diém phén biét, trén A ldy 20 diém phan biét. Tinh
s6 tam giac co cac dinh 1a 3 diém trong sb 37 diém da cho.

A. 5950 B. 9550 C. 9050 D. 5590

Céu 94. Trong mit phing cho da gidc déu (H) c6 20 canh. Trong sb cac tam giac ¢6 ba dinh duoc 14y tir cac
dinh cta (H) c6 bao nhiéu tam gidc khong c6 canh nao 1a canh cua (H)?

A.N=320 B. N =480 C.N =640 D. N =800

Cau 95. C6 20 diém trong mit phing trong d6 c6 5 diém thing hang, sé con lai khong ¢6 3 diém nao thing
hang. Tir cac diém d6 v& duoc bao nhiéu dudng thing va bao nhiéu tam giac?

A.181va 1130 B.192va 1130 C. 181 va 1320 D. 192 va 1320
Cau 96. Tim s6 hang khong chira x trong khai trién cua A = (x — 2/x4)'5.
A. 1820 B. -1820 C. 3640 D. -3640
Cau 97. Tim s6 hang khong chira x trong khai trién ctua B = (x2 — 2/x)!2.
A. 126720 B.-126720 C. 7920 D. -7920
Cau 98. Tim hé s6 cua x*y? trong khai trién cia P = (2x + 3y)’.
A. 11520 B. 12510 C. 15120 D. 12150

Cau 99. Khai trién va rat gon da thirc P(x) = (1 + x) + (1 + x)2 + (1 + x)* + ... + (1 + x)'2 s& dugc da thic P(x) =
o+ aixX +axx? + ... + anx!2 Hé sb a9 la

A. a9 =256 B. a9 =286 C.a9=320 D.as =132

Cau 100. Cho da thirc P(x) = (1 +x) +2(1 +x)>+3(1 + x)* + ... + 20(1 + x)?* = ao + arx + axx®> + asx®> + ... +
a20x2%. Xéc dinh hé sd ais.

A. 3254 B. 3549 C.4179 D. 4569

Cau 101. Trong khai trién P(x) = (3 — 2x)?%, hdy tinh tong cac hé s cuia da thic P(x).
A. 3% B. 2% C.-1 D. 1

Cau 102. Trong khai trién ctia nhi thirc (a2 + b®)!5, tim cac s6 hang chira a, b v6i s6 mil gidng nhau.
A. 5005a%b° B. 1010a!5b'3 C. 5005a'®p'® D. 1010a°b°

Cau 103. Tim sb hang thi 4 trong khai trién (1/x2 — x3/2)'2 theo thtr tu s6 mil ting dan cua bién.

A. (99/4)x”! B. (-99/4)x! C. (99/4)x D. (-99/4)x

Cau 104. Tim s hang doc 1ap véi x trong khai trién (3/x +l)16
X
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A. 1820 B. 1280 C. 2180 D. 2810

" A X , v A~ in .z 1 .
Céu 105. SO so hang chira x v6i so mil tu nhién trong khai trien (x +=)" 1a

Ix
A2 B.3 C.5 D. 4

Cau 106. Biét tong cac hé s6 cua khai trién (3 — x2)" bang 1024. Hé s6 ctia s6 hang chira x'2 trong khai trién d6
la

A.-17010 B. 17010 C.-153090 D. 153090

Cau 107. Tinh tong S = C),C¢, + C},C, + C2.Cl, +...+CS,CY,
A. 74236 B. 74362 C. 74613 D. 24671

Cau 108. Tinh tong S = (C5)* +(C})* +(C2)* +...+(C))?
A. 39432 B. 43758 C. 36730 D. 48620

Cau 109. Gieo mdt con stc sic can di dong chét hai 1an. Tinh xéac suat tich s6 chim hai lan 13 s6 1é.
A.P=1/3 B.P=1/2 C.P=1/4 D.P=1/5

Céu 110. Mét thi chira 6 vién bi tring va 5 vién bi xanh. Ly ra 4 vién bi tir tiii, xac suat ldy dugc 4 vién bi cling
mau la

A.P=1/33 B.P=2/33 C.P=1/11 D.P=2/11

Cau 111. Sap xép ngau nhién 5 ban hoc sinh A, B, C, D, E ngdi vao mét chiéc ghé dai c6 5 chd ngdi. Xac suat
dé hai ban A va E ngdi canh nhau la

A.P=1/5 B.P=1/4 C.P=2/5 D.P=3/10
Cau 112. Gieo hai con stic sic can di ddng chat. Tinh x4c suit tong hai mat xuat hién bang 7.
A.P=1/3 B.P=1/6 C.P=1/12 D.P=1/4

Cau 113. Mot binh dung 5 vién bi xanh va 3 vién bi do6. Lay ngau nhién 4 vién bi. Tinh x4c suét dé duoc it nhat
3 vién bi xanh.

A.P=1/2 B.P=1/3 C.P=1/4 D.P=1/5

Cau 114. Gieo ngau nhién mot con stc sac can doi dong chat hai 1an. Tinh xac suat it nhat mot lan xuat hién
mat 6 cham.

A.P=11/36 B.P=1/3 C.P=1/6 D.P=5/18
Cau 115. Gieo dong thoi bon dong xu can ddi dong chat. Tinh xé4c suat c¢6 ding 3 dong xu ngira.
A.P=1/16 B.P=1/4 C.P=11/16 D.P=1/6

Cau 116. Mot hop bong dén ¢ 12 bong, trong d6 ¢d 7 bong t6t. LAy ngiu nhién 3 bong. Tinh xac suit dé lay
dugc it nhat 2 bong tot.

A.P=5/11 B.P=6/11 C.P=7/11 D.P=28/11
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Cau 117. Mot 16p hoc gom 20 hoc sinh trong d6 ¢6 6 hoc sinh gidi Toan, 5 hoc sinh gidi Van va 4 hoc sinh gidi
ca 2 mdn Toan va Van. Chon ra 2 em. Tinh x4c suit dé 2 em d6 13 hoc sinh gioi it nhat mot mon Toén hodc
Van.

A.P=2/19 B.P=3/19 C.P=11/95 D.P=21/190

Cau 118. M6t hop c6 20 qua cau gidng nhau, trong d6 c6 12 qua cau tring va 8 qua cau den. Lay ngiu nhién 3
qué. Tinh x4c suét dé trong 3 qué chon ra c6 it nhdt mot qua mau den.

A. P =46/57 B.P=15/19 C.P=16/19 D. P =47/57

Cau 119. Mot td ¢6 6 hoc sinh nam va 4 hoc sinh nit. Gido vién chon ra 2 em di thi vin nghé. Tinh xac suit dé 2
hoc sinh dugc chon khac phai.

A.P=7/15 B.P=1/2 C.P=g8/15 D.P=3/5

Cau 120. M6t 16p ¢6 30 hoc sinh, trong d6 c6 8 em gidi, 15 em kha va 7 em trung binh. Chon ngau nhién 3 em
di dy dai hoi. Tinh xac suat dé khong c6 hoc sinh trung binh.

A.P=2/145 B.P=18/29 C.P=25/58 D. P=253/580

Cau 121.Cho 76 1,2,3,4,5,6,7. Goi X la tap hop cac $6 gém hai chit sé khac nhau 1§y tr 7 sb trén. Léy
ngau nhién mot s6 thudc X. Tinh xac sudt s6 do 1a sd 1¢é.

A.P=9/14 B.P=5/7 C.P=4/7 D.P=11/14

Cau 122.Cho 7s61,2,3,4,5,6,7. Goi X la tap hop cac ) gém hai chit sé khac nhau 1§y tr 7 sb trén. Léy
ngﬁu nhién mot s6 thudc X. Tinh xac sudt s6 d6 chia hét cho 5.

A.P=2/5 B.P=1/5 C.P=1/7 D.P=2/7

Cau 123. Mot xa thii A ¢ x4c suit ban tring bia muc ti€u 1a 0,7. Gia su xa thi nay bén 3 1an. Tinh x4c sudt dé
xa thi A bin tring muc tiéu it nhét mot 1an.

A.P=0,973 B.P=0,997 C.P=0,987 D.P=0,975

Cau 124. Gieo mdt con xuc sic can ddi dong chét hai 1an. Tinh x4c suat tong s6 chdm cua hai lan gieo 13 s6 1é.
A.P=1/2 B.P=3/5 C.P=3/7 D.P=5/9

Cau 125. Gieo mot con xuc sic can doi déng chét hai 14n. Tinh x4c suét ¢6 it nhat mot 14n sb chim tir 5 trd 1én.

A.P=1/2 B.P=3/5 C.P=3/7 D.P=5/9
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CHUYEN DE 3: DAY SO — CAP SO CONG - CAP SO NHAN

A.LY THUYET CO BAN
I. Phwong phap chirng minh qui nap

Pé ching minh ménh d& ding véi moi s6 tu nhién n > p > 1 biang phuong phap qui nap, ta tién hanh
theo 2 budc

Budc 1. Kiém tra rang ménh dé dang véi n = p.

Budc 2. Gia thiét ménh dé dung voi mot s tw nhién bat ki n =k > p (goi 1a gia thiét qui nap), ching minh ring
no6 cling ding véin=k + 1

IL. Diy s6
M&i ham s6 u x4c dinh trén tap cac sé nguyén duong N* duoc goi 1a diy sb vo han.
Thuong viét dudi dang khai trién: ui, ua, ..., Un, ...
Trong d6 ui 1a s6 hang dau va un 13 s hang tong quat.
I11. Day s6 hiru han
MJdi ham s6 u xac dinh trén taip M= {1,2,3, ..., m} voi m nguyén duong dugc goi la day s6 hiru han.
Dang khai trién: ui, w2, us,...,um. Trong do ui 1a ) hang dau, um sb hang cudi.
Vidu: —5,-2, 1, 4,7, 10, 13 1a day s hitu han
IV. Cach cho mdt diy sb
1. Dy s6 cho bang cong thic sé hang tong quat
2. Déy s6 cho bang phuong phap mé ta: mé ta cach xac dinh cac s hang lién tiép cua day sb.
3. Diy s6 cho bang phuong phap truy hoi
a. Cho s6 hang dau hay vai s6 hang dau
b. Cho hé thire truy hoi, tirc 14 hé thie biéu thi sb hang thir n qua $6 hang hoac vai sb hang dung trude nd.
V. Diy s ting, diy sé giam va diy so bi chin
1. Diy s6 tang va diy sb giam
Diy sb (un) duoc goi 1a day sb ting néu ta ¢6 un+1 > un véi moi s6 nguyén duong n.
Diy s6 (un) dugc goi 1a ddy s6 giam néu ta ¢ un+1 < un v6i moi sd nguyén duong n.
Diy s6 (un) v6i un = 2n 1a ddy sd ting vi
Untl —Un=2(n+ 1) —2n=2>0 nén un+1 > un.
2. Diy sd bi chin

Day s0 (un) duogc goi 1a bi chan trén néu ton tai s6 M sao cho: un < M, v&i moi s6 nguyén duong n.
Day s0 (un) duoc goi 1a bi chan dudi néu ton tai s0 m sao cho: m < un, véi moi sO nguyén duong n.
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Day s0 (un) dwoc goi 1a bi chan néu vira bi chan trén vira bi chan dudi.

VI. Cip sb cong

1. Pinh nghia: Cép s6 cong 1a mot diy sd (hitu han hodc v6 han), trong d6 ké tir s6 hang thir 2, mdi s6 hang déu
bang s6 hang dung ngay trudc nd cong véi sd khong ddi d. S6 d goi 1a cong sai cua cip sb cong.

Cong thirc truy hdi: unr1 = un + d véi moi s6 nguyén duong n.
Néu d = 0 thi cap s6 cong 1a ddy s khong doi.

2. S6 hang tong quat: Néu cip s6 cong (un) co s6 hang dau ui va cong sai d thi s6 hang téng quat un duge xac
dinh boi cong thiic: un =u1 + (n— 1)d v6in > 2.

3. Tinh chat cac s6 hang cua cap s6 cong:

u_, +u
— k-1 k+1 L
u, = 5 voik>2

n(u, +u,) n[2u, +(n-1)d]
2 2

4. Tong n s0 hang dau cua cap sO cong: Sn=ur+w+us+... +un =

VIL Cép s6 nhan

1. Dinh nghia: Cép s6 nhan 1a mot day sb (hiru han hoéc v6 han), trong do ké tir s6 han thir 2, mdi s han déu 1a
tich ciia s6 hang dtmg ngay trudc nd véi s khong doi q. SO q goi 1a cong bdi ctia cép s6 nhan.

Neéu (un) 1a cap s0 nhan véi cong bdi g, ta ¢o un+1 = ung, voi moi s6 nguyén duong n.
2. SO hang tong quét: un = uiq™! véin>2
3. Tinh chat cac so hang cua cap s6 nhan: (uk)* = uk-1.uk+1, voi k > 2

4. Tong n s0 hang dau cua cap s6 nhan:

Cho cip s6 nhan (un) v6éicong boi q# 1. Sa=ur +u2 + ... + tn = %_(?n)

B. BAI TAP
Cau 1. Cho cic dang thirc
a.l+3+5+...+@n+1)=n?
b.1.2+23+34+...+n(n+1)=n(n+1)n+2)/3
c. 3+23+33+ ... +n*=n%*n+1)¥4.
d.12+22+32+42+ . +n’=n(n+1)2n+ 1)/6
S6 dang thirc diing véi moi s6 nguyén dwong n 1a

Al B.2 C.3 D. 4

Céu 2. Hay viét 3 sb hang tiép theo hai s hang dau cua diy s (un) cOur =1, u2= 1, unt2 = un+1 + un.

A.2;3;5 B.3;4;7 C.2;5,7 D.3;5;8
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Cau 3. Cho cac day so (un) sau

a.un=2""-2n b.un=23%1-7 c.un=(1/n—2n)? dun=m+1)n
S day sb tang la
A.0 B.2 C.3 D.4
Cau 4. Cong thirc s6 hang tong quat cta day s6 (un) ¢ ur =1, unt1 =2un + 3 13
A un =211 B.un=2""1-2 C.un=2"1-3 D.un=2""1-4
Cau 5. Cong thirc s6 hang tdng quat ciia ddy s6 (un) c6 ui 5/4; 2uns1 =un + 1 12
A un=1+1/2"" B.un=1+1/2"1 Cun=1+1/2" D.un =2+ 1271,

Céau 6. Cho cac day s6 (un) sau

n+1 G
n+2 n+l1

a. Un= C.un=1/n2+2n d. un=2n(2n - 5)

S6 day sb giam 1a
A.0 B.1 C.2 D.3

Cau 7. Cho céc diy sd (un) sau

a.un=2n/(n+2) b.un=2n-3/n C.un=2n-n>+5 du=-D)Yn*+1)
S6 day s bi chan la
A.2 B.0 C. 1 D.3

Cau 8. Cho céc diy sd (un) sau
a.un=12n-11 b. un=n(3n-2) c.un=3-n d.un=(n+1)*>—n?
Nhiing diy sé 1a cap s6 cong gdm
A.avac B.a,cvad C.a,bvac D.b,cvad
Cau 9. Tim s6 hang diu va cong sai cta cap sd cong (un), biét ui + 2us = 0 va Ss = 14.
Auwi=8vad=-3 B.w=5vad=-1 C.uw=6vad=-2 D w=9vad=-+4
Cau 10. Tim s6 hang ddu va cong sai ctiia cip sb cong (un), biét us = 10; uzr = 22
A up=-8vad=6 B.u=4vad=3 Cu=-2vad=4 D.ui=1vad=3
Cau 11. Tim s6 hang dau va cong sai cia cip sd cong (un), biét ui + us —u3 = 10; w1 + us = 17.
Alui=1vad=5 B w=16vad=-3 Cw=-3vad=5 D.wm=15vad=-3
Cau 12. Tim sé hang dau va cong sai cta cip s cong (un), biét us =—15 va ug = 25.
A wm=-31;d=8 B.u=-35d=10 Cuwu=-31;d=10 D.wi=-35vad=8
Cau 13. Tim s6 hang dau va cong sai cta cip sd cong (un), biét u7 + uis = 60 va (us)? + (u12)?> = 1170
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A.u1=-12;d=3 hoacui =0;d=21/5 B.ui=-10;d=3 hoacui=0;d=21/5

C.u1=-10;d=21/5hoacui=0;d=3 D.ui=-12vad=21/5hoacui=0;d=3
Cau 14. Tim s6 hang dau va cong sai cta cip sd cong (un), biét ui + uz + us =—12 va wiuouz = 8
Auw=-2;d=-1 B.ui=-1;d=-2 Cu=1;d=-=2 D.ui=2vad=-3

Cau 15. Mot cap s6 cong gom 8 s6 hang véi s6 hang dau 1a —15 va s6 hang cudi 1a 69. Cac sb hang con lai &
giita lan luot 1a

A.-2;11;23;35;47;,58 B.-3;11;23;35;47;59
C.-2;10; 21; 33; 45; 57 D.-3;9;21; 33;45; 57

Cau 16. Tim 3 s hang lién tiép cia mot cip sd cong ting, biét tng cua chung bang 27 va tong cac binh
phuong cua chung 1a 293.

A.4;9; 14 B. 3;9; 15 C.-1;9; 19 D.0;9; 18

Cau 17. Ba canh mét tam giac vudng c6 d6 dai 1a cac sé nguyén duong 1ap thanh mot cp sé cong c6 cong sai
bang 2. Tim ba canh doé.

A.3;5,7 B.5;7;9 C.4;6;8 D. 6;8; 10
Cau 18. Ba gbc ciia mot tam giac vudng 1ap thanh cip sé cong. S6 do goc nho nhét 1a
A. 40° B. 15° C. 30° D. 45°

Cau 19. SO do cac goc cua mot tir gidc 101 1ap thanh cap s6 cong va goc 16n nhat gap 5 1an goéc nho nhat. Tim
cOng sai cua cap so cong do.

A.d=40° B.d=130° C.d=25° D.d=35°
Cau 20. Tim x sao cho 3 s a, b, ¢ theo thir tu d6 1ap thanh cép $6 cong, biéta=10-3x,b=3x2+5,c=5—4x.
A x=12Vx=-53B.x=-12Vx=53C.x=1Vx=-10/3 D.x=-1Vx=10/3

Cau 21. Cho cap sb cong (un) c6 s6 hang dau 1a ur = 1 va cong sai d = 1. Tim n sao cho téng n s hang dau tién
ctia cdp sd cong do bang 3003.

A.n=77 B.n=78 C.n=79 D.n=280
Cau 22. Cho céc diy sb (un) sau
a. un = 3.(=2)>"".. b.un=()"3"1 cw=2vaun1=2un+1  doun=3"-1
S céap s6 cong trong cac day s trén 1a
A.0 B.1 C.2 D.3
Cau 23. Tim sd hang dau va cong boi cua cép s6 nhan (un), biét u1 — us + us = 65; ur + u7 = 325
A.ui=5vaq=4+2 B.ui=3vaq=4#3 C.uw=3vaq=+2 D.ui=5vaq==£3
Cau 24. Tim c6ng bdi cua cap sd nhan (un) 1a diy sb giam cé u2 — us = 768 va u2 — us = 1008

A.q=-5/4 B.q=1/5 C.q=-4/5 D.q=1/4
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Cau 25. Cho day s0 (un) ¢6 s6 hang tong quat un = (-2)"*1.37"2, Nhan xét nao sau day dung?

A. Diy s6 trén 1a cAp sb nhan co cong boi q = 6
B. Diy s trén 1a cap s6 nhan ting

C. Dy sb trén khong c6 chin dudi va chin trén
D. Diy s trén 1a cap s6 nhan giam

Céu 26. Tim s6 hang d4u ciia cdp s6 nhan hiru han, biét ring cong boi 1a —3, tong s6 cac s6 hang 13 364 va s6
hang cudi 13 486.

A -1 B.1 C.0 D.-2

Cau 27. Tim cong boi cua cép s6 nhan hitu han ¢6 sb hang daul1a7,sb hang cudi 1a 448 va téng s6 cac sd hang
1a 889.

A.q=3/2 B.q=2 C,q=5/2 D.q=4

Cau 28. SO s0 hang ctia mdt cap so6 nhan la mot s6 chan. Tong tat ca cac so hang ciia n6 16n gap 3 lan tong cac
s0 hang co chi so 1¢. Xac dinh cong boi cia cap so do.

A.q=12 B.q=2 C.q=1/4 D.q=4

Cau 29. X4c dinh sb hang dau cua cip sb nhan ting, biét tong 3 sb hang dau 1a 148, ddng thdi 3 s6 hang dau lan
luot 14 s6 hang thu nhét, th tu va tht tdm cia cép sb cong.

A. 4 B. 12 C.27 D. 36

Cau 30. Tim 3 s6 hang diu a, b, ¢ cia mot cép s6 nhan, biét rﬁng a, b+ 2, ¢ tao thanh mot cép sb congvaa, b+
2, ¢ + 9 lap thanh mot cép s6 nhan.

A. 4; 8; 16 hodc 4/25; 16/25; 64/25 B. 2; 4; 8 hoac 4/25; -16/25; 64/25
C.2; 4; 8 hoac 4/25; 16/25; 64/25 D. 4; 8; 16 hoac 4/25; —-16/25; 64/25

Cau 31. Tim céc s a, b, ¢, d theo thir tu giam dan trong d6 a, b, c 1a ba sb hang ké tiép cua mot cép s6 nhan,
conb, ¢, d1abasd hang ké tiép cua mot cép sb cong; a+d=32,b+c=24.

A.30;18;6va2 B.32;16;8va0 C.16;8;4va0 D.24;12;6va0

Cau 32. Tim céc sb a, b sao cho a, a + 2b, 2a + b 1 3 s6 lién tiép cua cép sb congva(b+ 1), ab+5,(a+1)*1a
ba s lién tiép ctia cip sd nhan.

A.a=3vab=12 B.a=12vab=3 C.b=3vaa=1 D.a=3vab=1
Cau 33. Tim s6 ty nhién n théa man Sn=1.2.3 +2.3.4+3.45+ ..+ n(n+ 1)(n+2)=53130
A.n=20 B.n=21 C.n=22 D.n=23
Céu 34. Cho diy sb (un) ¢6 u1 = 5/4; 2un+1 = un + 1 véin > 1. Nhan xét dung 1a
A. Sb hang tong quat ciia diy sé laun=2""+1(n>1)
B. Dy s6 (un) khong bi chin duéi

C. Diy s0 (un) khong bi chin trén
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D. Day s0 (un) la day so tang va bi chan

Cau 35. Cho céc day s6 (un) sau
a.up=2" b. un = (-2)"+ 2", cur=2urri =un+ (1" d.un=(-1)"(1+ un).
S6 day s6 khong bi chin 1a
Al B.2 C.3 D. 4
Cau 36. Tim s6 hang dau cia cip sd nhan ting (un) c6 uruous = 4096 va Sz = 56.
A ui=4 B.ui=6 Cu=8 D.ui=2

Cau 37. Mot cap sb6 nhan (un) ¢6 5 sb hang, biét cong boi q =—1/2, va ui + us = 63. Tim s6 hang thir 5 cta cip
s6 nhan nay

A us=3 B.us=9/2 Cu=172 D.us=4

Céu 38. Céc biéu thirc x + 5y, 5x + 2y, 8x + 2y ¢6 gia tri theo thir ty 1ap thanh cip s6 cong. Pong thoix — 1,y +
3, x — 2y theo thtr ty 1ap thanh cap s6 nhan. Xac dinh x va y.

A.x=-3;y=-1hoacx=27/2;y=9/2 B.x=-9/2;y=-3/2hoacx=3;y=1
C.x=9/2;y=3/2hoacx=-3;y=-1 D.x=-27/2;y=-9/2hodcx=3;y=1

Cau 49. Tim hai s6 duongavab biét ba sb 1; a + 8; b theo thu tu 1ap thanh mot cép sb cong va ba s61;a;b
theo tha tu 1ap thanh mdt cép s6 nhan.

A.a=4vab=16 B.a=3vab=9 C.a=2vab=4 D.x=5vab=25

Cau 50. Mot cap so cong tang (un) va mot cap so nhan tang (vn) co s6 hang thtr nhat ui =vi =5; biet uz —v2 =
10 va us = v3. Tim cong bdi q cla cap sO cong va cong sai d cua cap so cong.

A.d=20vaq=3 B.d=15vaq=3 C.d=10vaq=2 D.d=15vaq=2
Céu 51. Cho diy sb (un) v6i un = 2" — 2. Tinh tong 10 s6 hang dau cta diy s6
A. 2056 B. 2066 C. 2036 D. 2026

Cau 52. Cho diy sd (un) c6 tong ctia n s6 hang dau tién 14 Sn = (7n — 3n?)/2 v&i moi n > 1. S6 hang tong quat
ctia cap sb cong 1a

A.5-3n B.2-n C.3-2n D.4—-n

Céu 53. Cho hai cip sb cong (un) va (va) c6 tong n s6 hang dau tién lan luot 1a Sn = 2n? + n véi moin > 1 va Ta
=n2+ 7n v6i moi n > 1. Tinh ti s6 ui/vi.

A.3/7 B.3/8 C. 12 D. 5/7

Cau 54. Goi a 1a mot nghiém cua phuong trinh: x> — 3x + 1 = 0. Xét day s (un) cO un=a"+ 1/a" véin > 1.
Nhén xét nao sau day dung?

A. Diy s6 bi chin B. Diy s6 c6 moi s6 hang 1a s6 nguyén

C. Dy s6 giam D. Diy s6 ¢6 s6 hang dau 1a ui = -3
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Cau 55. Cho diy s (un) ¢6 un = 2I21 +f . S6 hang bang 1/5 1a s6 hang thir may?
n”+
A. 12 B. 11 C.10 D.6

Cau 56. Cho diy sd (un) ¢6 un = cos (n/3) v6i moi n nguyén dwong. SH gia tri khac nhau cua diy sé 1a
A.6 B.5 C. 4 D.3

Cau 57. Cho diy sb (un) xac dinh nhu sau: ua 13 s6 du khi chia n cho 6. Khing dinh nao sau diy sai?
A. Diy sd chi ¢6 6 gia tri khac nhau B. Diy s bi chan
C. Néu um = un thi |m — n| chia hét cho 6 D. S6 hang nhé nhét 13 u;.

Céu 58. Cho diy sb (un) xéc dinh boi: ur = 5 va un+1 = 3un voi moi s6 nguyén dwong n. Cong thirc s6 hang tong
quat la

A.un=5.3" B.un= 5.3n_1. C.un= 5.3n_2. D.un= 5.3n_3.

Céu 59. Cho day 6 (un) ¢6 ur = 1 va un+1 = 3un + 2n véi moi s6 nguyén duong n. Tim cong thirc s6 hang tong
quat cua (un).

Acun=(1/2)3"" +n-1/2 B.us=(1/2).3"1—n—1/2
C.un=(5/2)3""—n—1/2 D. un=(5/2).3"" +n—1/2

Céu 60. Cho diy s6 (un) c6 u1 = 1 va un+1 = 2un — n véi moi s6 nguyén duong n. Tim cong thirc s6 hang tong
quat cia (un).

A tn=n+1-21 B.un=n-1-2"L C.un=n+1+2" D.un=n-1+2>1

Cau 61. Cho cac diy sb sau

_ 3n+ (=" _ 2n+3 1 1 1 1
= — b.un= ——— C.Un= + + +.ot—
2(n+1) Jon? +1 n+l n+2 n+3 2n

S6 diy s6 bi chan trong cac diy sb trén 1a
A.0 B.2 C. 1 D.3

Céu 62. Cho day $6 (un) ¢6 u1 = 1; Um#n = Um + un + m.n v6i moi m, n 13 céc sb nguyén dwong. Tim sb hang
tong quat ctia (un).

A.un=n(n+1) B.un=n(n+1)/2 C.un=n(n+1)/3 D.un=n(n+ 1)/4

CAu 63. Cho diy s6 (un) 6 u1 = 1; u2 = —7 V& unr2 = Sun+1 — 6un v6i moi n 1a sb nguyén duwong. Tim sé hang
tong quat cta (un).

A. un=2n—3n_1. B.un= 5.2n—3n+1. C. Un:—2n+3n_1. D.un= 3.2n—5.3n_1.
Cau 64. Xac dinh s6 hang dau ur va cong sai d ciia cap sd cong (un) ¢6 uo = Suz; uiz = 2ue + 5.
A.ui=3vad=5 B.ui=4vad=3 Cui=3vad=4 D.ui=4vad=5

Céu 65. Xéc dinh s6 hang dau ur va cong sai d cia cap s cong (un) ¢6 us = 10; S1o=15

29



TRUONG THPT HUNG VUONG NHOM TOAN
A u=46vad=-9 B.ui=8vad=-19 C.ui=-22vad=8 D.ui=-62vad=18

Cau 66. Xac dinh so6 hang dau u; va cong sai d ctia cap so cong (un) c6 tong n s6 hang dau tién 1a Sn = 3n + n?
v6i moi s6 nguyén duong n.

Aur=2vad=2 B.wi=4vad=2 Cui=4vad=3 D.wi=2vad=3
Céu 67. Cho cép s6 cong (un) thoa méan us + us + ui2 + uie = 16. Tinh téng 19 s6 hang dau So.
A.S19=76 B. S19=152 C.S19=138 D. Si9=252
Céu 68. Cho mdt cp sb cong (un) c6 mSn = n2Sm v6i moi m, n 12 hai s6 nguyén duong. Tinh ti s6 u2017 / u1.
A. 4034 B. 4033 C. 8069 D. 8070
Cau 69. Tim sé nguyén duong n biét 2n+ 1) + (2n+2) + 2n+ 3) + ... + 3n = 2265.
A.n=3l1 B.n=30 C.n=28 D.n=29
Cau 70. Tim s6 nguyén duwongnbiét 1 +2+3 + ...+ (n—1)=2017n.
A.n=4032 B.n=4033 C. 4034 D.n=4035

Céu 70. Cho diy s6 (un) ¢ u1 =2 va un — un+1 + 3 =1/ [n(n + 1)] véi moi s6 nguyén dwong n. Tim s6 hang tong
quat un.

A.un=3n-3+1n B.uw=3-3n+1n C.uw=3+3n-1n D.un=3n-3-1/n

Cau 71. Cho céc sb a; b; a + b # 0 sao cho 3/a; 1/(a + b); —1/b theo thi tur 1ap thanh cip sé cong. Ti s6 a2/b? 12
A.3 B. 1/3 C.2 D. 1/2

Cau 72. Xac dinh s6 hang dau va cong bdi cta cAp s6 nhan (un) co uio = 32; uis = 256u7.
A.w=16/5q=2 B.wu=1/16;q=2 C.ui=1/16;q=1/2 D.m1=16/5,q=1/2

Cau 73. Xac dinh s6 hang diu va cong boi ctia cAp s6 nhan (un) O us — u2 = 54 va us —uz = 108
A.ui=9vaq=2 B.ui=3vaq=2 C.u=9vaq=-2 D.ui=3vaq=-2

Cau 74. Tim x, y biét x; y; 12 1a 3 s6 hang lién tiép cua cap s6 nhan va x; y; 9 13 3 s6 hang lién tiép cua cip sb
cong.

A.x=3vay=6hodcx=27vay=18 B.x=108 vay=36hoacx=3vay=6

C.x=27vay=18hoacx=36vay=18 D.x=54vay=27hodacx=36vay=18
Cau 75. Tim x biét ba s6 cos (x — 1/4); sin x; cos (x + 7/4) 1a 3 s6 hang lién tiép ctia cap s6 nhan

A. x ==1/3 + k2m, k 1a s6 nguyén B. x = £71/6 + k2, k 14 s6 nguyén

C. x =+n/3 + km, k 12 s6 nguyén D. x = +1/6 + kn, k 14 s6 nguyén

Céu 76. Cho x, y, z 1a ba s6 hang lién tiép ctia cAp s6 nhan giam théa min xyz = 64 va x> + y* + 23 = 584. Tim
X, Y, Z.

A.x=32;y=4vaz=1/2 B.x=8;y=4vaz=2
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C.x=2;y=4vaz=38§ D.x=12;y=4vaz=32

Cau 77. Cho x, v, z 1a ba s6 hang lién tiép ctia cAp s nhin ¢ cong bdi q théa man |q) < 1; 1/x + l/y + 1/z= 14
vaxy +yz+zx=-7/108. Timx, y, z.

A.x=1/18;y=-1/6 vaz=1/2 B.x=1/3;y=-1/6 vaz=1/12

C.x=1/2;y=-1/6 vaz=1/18 D.x=1/12;y=-1/6 vaz=1/2

Cau 78. TinhSzlim[—l+l—1+...+(_1) ]
2 4 8 2"

A.S=-1/3 B.S=1/3 C.S=-1 D.S=1

Cau 79. Cho AABC c6 3sin A; 2sin B; 2sin C 1a ba s6 hang lién tiép cta cap s6 nhan va A — C = 60°. S6 do cta
goc B la

A.30° B. 60° C.45° D. 54°

Cau 80. Gia su x1, x2 1a hai nghiém cua phuong trinh x> — x + ¢ = 0 va x3, x4 la hai nghiém cta phuong trinh x?
—4x +d=0. Tinh ¢, d biét réng X1, X2, X3, X4 1ap thanh mét cép s6 nhan tang.

A.c=2/9;d=32/9 B.c=3/16;d=243/16
C.c=4/25;d=1024/25 D. c=6/25;d=243/50

Cau 81. Cho cap s6 cong (un) c6 cong sai d # 0 va cap s6 nhan (va) ¢6 cong bdi q > 0 théa man ur = vi =-2; w
=v2;u3=v3+8 Timdvaq.

A.d=4vaq=2 B.d=4vaq=3 C.d=—4vaq=2 D.d=-4vaq=3
Céu 82. Cho day 6 (un) ¢6 u1 =2, un+1 = 3 + 4un. Xéac dinh cong thirc tong quat ctia un.

A un=24"1+1 B.un=2.41-1 C.un=34"1-1 D.un=34""+1
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CHUYEN DE 4: GIOI HAN VA HAM SO LIEN TUC

A. LY THUYET CO BAN

o r o

I. Giéi han cua day sé

Gidi han hitu han Gidi han v6 cuc

1. Gidi han dic biét: 1. Gidi han dic biét:

lim L=0; lim ——=0 (keZ") Tim Jn =400 Jim n" =+ (keZ7)
n—+owo n n—+00 p»

lim ¢" =+ (g>1)
n—>+00

lim ¢" =0 (g|<1); lim C=C
n—>+00 n—+00 2. Bjnh ll’
2. Pinhli : |

B . a)Néu lim‘u ‘=+oo thi lim—=0

a) Neu lim un = a, lim vo = b thi " u

n

olim(un+w)=a+b u
b) Neu lim un = a, lim van = oo thi lim—= 0

olim (un—ve) =a—b Vi
e [im (un.vn) = a.b ¢) Néu lim un =a #0, lim va = 0
. u a e V.. u g . >
elim-2=2 méub =0) thi lim S = [T néu av, >0
v, b v, -0 néu a.v, <0

b) Néu un > 0, Vinva lim un=a thi a 20 va lim| d) Néu lim un = +oo, limva = a
i —a

c) Neu |un|§vn, Yn va limva =10

+0 néu a>0

thi liM(Mn.Vn) = o né’u a<0

thi lim un = 0 * Khi tinh gioi han co mot trong cdac dang vo dinh: %

d) Néu limun = a thi lim|u,|=lal o o0, 0.c0 thi phdi tim cdch khir dang vé dinh,
o0

3. Tong cuia cap so nhdn lii vo han

S=ur+wqg+wg+.. = 1“1 (|q|<1)
—-q

2. Mt sé phwong phdp tim gidi han ciia diy sé:
e Chia cd tir va mdu cho luj thiva cao nhit ciia n.

1+l
vD: @) lim L~ fim—n =1
2143 32

2+~

n
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/ 1
. NnP+n-3n 1+;_3
b) lim =lim =1
1-2n 1
—=2
n

¢) lim(n*> —4n+1)=limn> (1—i+i2J=+oo
n n

e Nhin lwong lién hop: Ding cdc hang dang thirc
(\/E—\/Z)(\/Z+\/E)=a—b; (%—%)(%/a_z+3 ab +%/b_2)=a—b

VD'lim( n2+3n_n):m(\/n2+3n—n)(\/n2+3n+n) b 3
- limly ! ) S

(\/112 +3n+n) NI +3n+n

* Diing dinh Ii kep: Néu |u, | <v, . Yn va limva=0thi  limu,=0

VD: @) Tinh lim smn
n
vi 0< B <l itimLto0 nen im S _o
n n n n
b) Tinh lim3s1nn—4cosn

2n% +1

Vi [3sinn—4cosn| < \/(32 +4%)(sin® n+cos’n) =5

|3sinn—4cosn|< 5

néen 0< < .
| 2241 | 2n?+1

Ma lim 0 nén lim2Snr—4cosn _
2n? +1 2n? +1

Khi tinh cdc gidi han dang phan thirc, ta chii y mét so trwong hop sau diy:

e Néu bdc ciia tir nhé hon bdc ciia mau thi két qua cia gidi han dé bang 0.
e Néu bic cia tir bang bdc ciia mau thi két qua ciia gidi han dé bang ti s6 cdc hé s6 cia luy thira cao
nhdt ciia tir va ciia mau.

e Néu bdc cua tir Ion hon bdc cua mdu thi két qud cua gioi han do la +oo néu hé so cao nhat cua tir va
mau cung dau va ket qua la —o néu hé so cao nhat cua tr va mau trai dau(ta thwong dat nhan tir chung
cua tik, mau riéng).

II. Giéi han ciaa ham s

Gid6i han hiru han Gidi han vé cuc, gidi han ¢ vo cuc
1. Gioi han ddac biét: 1. Gioi han ddc biét:
lim x=x,, ) ) +00 néu k chdn
osx 0 lim x* =+00; lim x* = » ,
0 >0 X0 —oo néu k lé
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li _ . Y )
Jm ¢=c (e hang 50) lim c=c; lim <=0
0 x—>to0 X—>too xk
2. Dinh li: X |
. lim —=-—o0; lim — =+
lim f(x) =L x—=>0" X x—>0" X
A X*)XO
9Ny i o) = M
% lim — = lim — =+
x—>O_|X| x—0" x|
thi: * lim | f(x)+g(x)|[=L+M
x—”o[ ] 2. Dinh li:
* lim [f(x0)-g(0]=L-M [lim f)=L=%0
X, W Néw e
* lim [ f(x).g(0)] = L.M A
im x).g(x)|=L. ) )
XX, +00 néu L. lim g(x) >0
. _ X=X,
o) L M f8D=) o pL. Tim g(x) <0
*lim ——==— (méu M #0) XX
X=X g(x) M
# 1im L& _g
. Jf0)=0 ‘ x>y g(x)
b) Néu y lim f(x)=L thi
o lim f(x)=L#0
b) Néu {0 thi:
*L >0 * lim \[f(x) =L / lim g(x)=0
X=X, X=X
¢) Néu lim f(x)=L thi lim L&D _ [+ né:u L.g(x)>0
X=X, xox, g(x) |- néu L.g(x)<0
lim [£(x)| =]zl
X—>X
’ Khi tinh gioi han c6 mot trong cdac dang vo dinh: % 2, 00— o
o0

3. Gidi han mgt bén:

lim f(x)=L

X—))CO

< lim f(x)= lim f(x)=L

+
X —))CO X—)XO

0.c0 thi phai tim cach khiwr dang vo dinh.

0

1. Dang —

ang
@)L= lim L&

X—)XO

Mt 56 phwong phdp khir dang vé dinh:

) voi P(x), Q(x) la cdc da thirc va P(xg) = Q(xg)=0

Phdn tich ca tir va mau thanh nhén tir va rit gon.
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3 _ _ 2 2
VD lim =~ 8=Iim (x—2)(x +2x+4):hmx +2x+4=£:3
22524 2 (x=-2)(x+2) -2 x+2 4

b) L= lim P(x) véi P(xy) = Q(xs) = 0 va P(x), O(x) la cic biéu thirc chira cin cing bic

X=X, X

Sit dung cdc hang dang thire @é nhan lwong lién hop & tir va mau.

VD: lim 24X M:Iim(z_“4_x)<2+ 4_’“)_1 I 1
x—=0 X x—0 x(2+\/4—x) x—>02+\/4 X 4

. P 3
¢) L= lim () vdi P(xg) = Q(xg) = 0 va P(x) la biéu thirc chira cin khong dong bdc

X—)Xo

Gia sir: P(x) = Yu(x) —3v(x) vdi §u(x,) = «”/V(XO) =a.
Ta phan tich P(x) = (’"\/u(x) —a)+(a—\”/v(x)).
Per1-1-x [3x+1—1+1—\/;j
X

VD: lim ——— = lim
x—0 X x—0 X

1 1 1 1 5

= lim —— ==

0 Yo a2 43w+ 141 s 32
P(x) . <, . Y-+ . Y

2. Dang —: L= lim ——= voi P(x), Q(x) la cdc da thirc hodc cdc biéu thirc chira cdn.

x—>to0 X

— Néu P(x), Q(x) la cdc da thirc thi chia cd tir va mau cho luy thira cao nhdt ciia x.

— Néu P(x), O(x) c¢é chira can thi c6 thé chia ca tir va mau cho luy thira cao nhdt ciia x hodc nhdn leong lién

hop.
252 +5x-3 2425
@) lim RS gim X
x>0 2 4 6x+3 x_)+001+9+i
X x2
) 3

3. Dang co— oo: Gidi han nay thwong coé chira cdn

Ta thuong sir dung phirong phdp nhan leong lién hop cia tir va mau.

N ——
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4. Dang 0. cc:

Ta ciing thwong s dung cac phwong phap nhu cdc dang o trén.

N

VD: lim (x—2) =1l
x—2" x° =4 x-2" \/x +2 2

III. Ham sd lién tuc

1. Ham so lién tuc tai mot diém:

Y = f(x) lién tuc tai xo < lim f(x)= f(x,)

x—)xo
o Dé xét tinh lién tuc ciia ham sé v =f(x) tai diém xo ta thuc hién cac bude:
BI: Tinh f(xu).

B2: Tinh lim f(x) (trong nhiéu truong hop ta can tinh lim_f(x), lim f(x))

X—)XO )C—)XO )C—))CO

B3: So sanh 1im f(x) vdi f{xo) va rit ra két lugn.
X‘)XU

2. Ham sé lién tuc trén mét khodng: y = f(x) lién tuc tai moi diém thugc khodng do.

3. Ham sé lien tuc trén mot doan [a; b]: y = f(x) lién tuc trén khoing (a; b) va
lim f(x)=f(a), lim f(x)=f(b)
x—a* x—b

4. o Ham s6 da thire lién tuc trén R.

e Ham s6 phén thire, cac ham sé leong gide lién tuc trén ting khodng xdc dinh ciia ching.
5. Gid siry = f{x), y = g(x) lién tuc tai diém xo. Khi do:
e Cdc ham séy =f{x) + g(x), y = f{x) — g(x), y = f(x).g(x) lién tuc tai xo.

f(x)

lién tuc tai xo néu g(xo) #0.
8(x)

e Ham soy =

6. Néu y = f(x) lién tuc trén [a; b] va f(a). f(b)< 0 thi ton tqi it nhat mét sé ¢ € (a; b): f{c) = 0.

N6i cdach khdc: Néu y = f{x) lién tuc trén [a; b] va fla). f(b)< 0 thi phwong trinh f{x) = 0 c6 it nhdt mét
nghiém ce (a, b).

Mo rong:
Néu y = f(x) lién tuc trén [a; b]. Pdt m = Flilif(x) M= r[na)]i f(x) Khi d6 véi moi T € (m; M) lubn ton tai
a;b ab

it nhdt mét sé ¢ € (a; b) sao cho flc) =T.

B. BAI TAP
DANG 1: GIOI HAN DAY SO
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BAI 1:Tinh cac gi6i han sau: (Chia ca tir va mau cho n? véi s6 mii a cao nhit Hoac dit nhan tir chung)
1) lim(n?-n+1). BS: +wo 334202+
2) lim(-n2+n+1). DS:-o 13) hmT bs: 3
n
3) lim+/2n’ -3n-8 DS: 4+ A
4) limy1+2n-n’ BS: -0 14) lim > bS: 1
5) lim(2n+ cosn). DS: +oo (”2++1)(2 +1”)(” +1)
. —n’+n-
6) lim(%n2 — 3sin2n + 5). BS: +oo I5)lim— 57— DS:-1/2
n dn—1
_3"+1 16)1im£ pSs: 2
7) un= . bS: 4+ :
8) w=2"-3"  PS:-oo 17)lim—2"2  ps: 2
. 2n+1 Un’ —2n +1
9) hm3 5 bS: 0 ot 4 n? -3
n +24” +3 18)1im”3+—”2_ PS: +
-2 1
10) lim—""1_ ps: 0 33”3 2”;
2n” +n+l 19) im 2222 T ps.
n’+1 4—n?
1)lim——="— DS: 0 )
no+n+ . —4n"+2n+5
2n2 43 20) hm? PS: -
12)lim ————= PS:2/3 "
. 3n"+2n+1 . .
BAI 2: Tinh céc gioi han sau: (Chia cho lity thira ¢6 co s6 16n nhat)
n n _ n
1y limA3 ps: 1 5) lim 23 =7 ps: -1/2
443" 5" +2.7"
n n+l . n n
Niim*B T psg 6) limi—2> 0 PS: 1/3
25"+ 7" 23" —5)
n+l n+2
Himi " pso
5" +8"
n n+l
4) lim2t> bs: 5
1+5"

BAI 3: Tinh cac gi6i han sau: (Tt & dang vé cung £vé cung; MAu & dang vo cung + vo ciing ;béc cia tir va

mau bing nhau thi ta chia cho s6 mii cao nhat ciia tir hoic miu)

Chu y: \/n_kc()mﬁ %; %/nTCOmﬁg
Van? +1+2n-1

\/n2+4n+l+n

Vn?+3-n—4

n>+2+n

3
n’ 1—n®

\/n4+1+n

BAI 4: Tinh c4c giéi han sau:

1) lim bS: 2

2) lim bS: 0

3) im2 X"

\/4n2+1+2n

\/n2+4n+1+n

@nln +D)(n +3)

5) lim
(n+1)(n+2)
\/n2 —4n—\/4n2+1
lim
V32 +1+n

4) lim bS: 2

DS: 2

pS: -1/(\3+1)

Néu bai toan c6 dang: + V6 cung — vé cung khong c6 mau (hé s6 ciia n bic cao nhat giong nhau).

+ Ca tir va mau ¢ dang: Vo cung- vé cung. (h¢ so cia béc cao nhat giong nhau)

Thi ta nhén lién hop c6 ciin bac 2,3 roi chia cho lily thira ¢6 s6 mii cao nhat
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Néu bai toan & dang vo cung + v cung thi kq 12 vé cung ta dit nhin tir chung c6 mi cao nhét roi

NHOM TOAN

tinh gi6i han. Hoiic hé s6 ciia n bic cao nhit khac nhau ta chia hodc dit nhén tir chung.

1) lim(\/n2+3n +n) BS: +oo

2) lim(Vn®> —2n—n+2013) DS: 2012
3) 1im(\/ﬁ—n) pS: -1/2

4) lim(\/ﬁ—n+5) bS: 5

5) lim(Vn? +2013 —n+5) DS: 5

6) lim (\/n2+2n—n—lj DS: 0

7 lim(\/nz +n—\n +2)DS: 12

8) lim (\/3 2n—n3+n—1) bS: -1

9) lim(1+n2—\/n4+3n+1j pSs: 1
\/2—4n—\/4n2+1

\/3n2 +1—-n

10) lim pS: -1/(\3-1)

11) lim ! DS: -0

\/n2+2—\/n2+4
Van? +1-2n-1

\/n2+4n+1—n
6

12) lim pS: -1/2

3
n” +31-n

Vn*+1-n?

13)lim DS: 0

BAI 5: Tinh céc gi6i han sau: (Gi6i han kep giira hai biéu thirc c6 cling két qua)

2cosn’

bS: 0

1) lim
n-+1
(=1)"sinBn+n?)

3n—1

2) lim PS: 0

BAI 6: Tinh cic gi6i han sau: (Rt gon roi tinh gi6i han)

1) lim L L+ +; bS: 172
1.3 3. 2n-1D)2n+1)

2) lim L L+ e + !

1.3 nn+2)

3) lim| 1 —iz]( j (1-%} pSs: 12
L,

i ! ]DS: 1

] bS: 3/2

4) lim ot
12 23 " wma

5) lim At 2t PS: 1/2
n’ +3n

2 n
6) lim1+2+2 +...+2 PS-0
1+3+3%4+...4+3"

3sin® n+50052(n+1)

3)lim - ps: 0
n”+1
2.3 2
4) lim 2307 +§)+” ps: -1/3
2-3n
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Bai 7 : Cho day s (un) v6i un = ELE | FUNE I i P V61 Vn= 2
22 32 2

n

a) Rat gon u..BS: (n+1)/2n b) Tim lim u.. BS: 1/2
BAI 8 : a) Chiing minh: ! N (Vn e N
n\/n+1+(n+1)\/; \/; Vn+l1 .

1 1

1
+ +..+ .
1\/§+2xﬁ 2\/§+3\/§ n\/n+1+(n+1)\/;

¢) Tim lim un. BS : 1

b) Rut gon: un =

ulzl

BAI 9 : Cho diy s6 (un) duoc xac dinh boi:

u =un+L (n=1)"
n

n+l
a) Pat vo = un+1 — un. Tinh v; + v2 + ... + vy theo n.
b) Tinh ux theo n.

¢) Tim lim ux. BS: 2

1 . =0: =1
BAI 10: Cho ddy s8 (1) dugc xéc dinh boi: {”1 e
2u, 5 =u,  +u, (n=1)
a) Chung minh ré'mg: Un+] = —%un +1,Vn=>1.

b) Bat vi = un— % . Tinh v» theo n. Tur d6 tim lim u.. DBS: 2/3

u, =2012
! neN*. Tim lim (2422

Cho diy s6 (un) xac dinh boi ,
u ., =2012u; +u, Ny, U,

bS: - CM duoc day tang: u_,, —u, = 2012ur21 >0 Vn

-gidsircogidihanlaathi: a=2012a +a=a=0>2012 Vo Ly
nén limun = 400

2

u u (u,, —u,) 1 1 1
-tacd: 2= - nz - (—- )
un+l un+1ur1 2012un+1un 2012 un un+1
Vay : S= .lim(i— ! ) !

012 woeu, w2012

n+l

BAI 11: Cho diy (xn) x4c dinh nhu sau:

x, =1
, (ne N¥*)
X, =X, +3x, +1

+...t

NHOM TOAN

ul’l

n+l

) (HSG lang son 2011)



TRUONG THPT HUNG VUONG NHOM TOAN

5 1 1
bat S, = + +...+
X, +2 x,+2 X +

n

(n € N *). Tim LimSx . (HSG lang son 2012)

BAI 12: Téng Day 14 cdp s6 nhan Iui v6 han:

aos=1+t+le opsmre Lo Ly LD psian b
2 4 10 10° 10" ,
BAI 13: Biéu dién cac so thdp phdn vo han tuan hoan sau duoi dang phan so:
a. 0,444... b. 0,2121.... c. 0,32111...BS:a.4/9 b.21/99 ¢.289/900

2 n
L= lim 258 *-%3 i o], [b] < 1. BS: (1-b)/(1-a)
o] +b+b+...+b"

DANG 2: GIOI HAN HAM SO

Bai 1: Tim cac gidi han sau: .
+ Khi thay x=a vao f(x) thdy mau khac 0 thi gii han bang f(a).

+ Khi thay x=a vao f(x) thiy mau bang 0 tir khac 0 thi gii han bang co.

1) lim(x*>+x). BS: 12 [ 2
x—3 . x“—=x+1 ps- \/5

< 7) lim
2) lim 1 bS: £ =2 x-1
8 2 3 . Vx2—2x+3 \/_
C laxalax 8) lim —— =" PS:2/2
3) lim———  bS: 1 x—-1 x+1
x—0 I+x 8.3
x —_—
2.2 1 9) lim——— BS:0
4) lim 3x—+11x PS: -3/2 x>l x=2
—1 —
o 32432
. Vs 10) lim bS: 0
sin X_Z x—2 x+1
5) lim——2/ps:\2/x 1
T X 11) lim x”~sin—DS: 0
2 x—0 2
6) lim kil PS:-2/3

x>l xtypx-3
Bai 2: Tim céc giéi han sau: (Khi thay x=a vao f(x) thay tr =0; mau =0 ta rt gon mat nhén tir rdi thay tiép t6i
khi mau khac 0 1a xong) con néu mau =0 tir khac 0 thi kq 1a oo

2 _ 3 qy2 .
1) tim™ 11 ps: 2 8) lim ™ 3 +15X 3 psi
— X—> X —
. 1 ) 2,3
x—>= +x
3 I X -8 pSs: 3 . X0 =5x2+3x+9
) lim =, P8 10) lim=————5— = DS:0
— X—>. X J— X J—
. 3xP—dx+1 . 5
4) lim — ——bS:2 1 1im 2 lps: 53
x——1 +1
2x% =3x -2 .
5) lim2X—* "% pg: 5 e5 .46
L a— 12) limw ps: 10
6) 1 =16 o g o0
—_— .- 6 5
52 3 4222 13) lim4x_25—xl+XDS:O
3 2 x—1 X =
x—=x"—x+1
7) 1im 2= " ps: o . 1 ‘
x—1 x2—3x+2 14) lxlil'll[.xz_l—:jDS -1/2



TRUONG THPT HUNG VUONG
15) tim| 3 - |BS: -1
> l-x 1-x

16) lim| —XF2 ,  X-4
ol x7=5x+4 3(x°-3x+2)

1992

+x-2

17) lim>__ 5 DS 1993/1992

x—>l x +X—
m

18) lim 2

x—1 xn _1

chu ¥ tong ciia CSN DS: m/n

Bai 3: Tim céc gidi han sau: (M@t cian bac 2)
1y tim Y43 e

2
2) 1im Y "l pg

x—0 X

VX+5—3

3) lim PS: -1/6
4) lim ‘/_ >

x—9 9)( X

bS:-1/54

Bai 4: Tim cac gidi han sau: (Hai cdn Bac 2)
1) lim X =VIm X pg g
X

x—0
Jx —1
2) lim—————PS:2
o \x +3-2
3) [mYX+2-x

2 f4x+1-3

4) lim¥Xr2=2
=224 x+7-3

N2x+7 -3

5) lim =2 L2 ps:.4/3

12— Jx+3
6) lim —Vx
x—1 \/_ 1
7) lim>— Y2+ X PS:-1/3
x4>41_ S—X
8) lim V2xt2- 3l oo

x—1 X —

V2X+3—-4x+2

9) lim DS:1/6

x—-1 3x+3

bS:-3/4

bS:3/2

bS:3

Bai 5: Tim cac gidi han sau: (Mgt cin Bac 3)

3
1)lm\/ﬂ 2

x=2 X —

2) 1im —”2"" PS:2/3

x—1 X_l

bS :1/3

3) lim—— PS:3

=03 14+x —1

NHOM TOAN
o A4S0+ -1 o
x—0 X
10y fim LFO0+200+30 -1 o o
x—0 X
X+ x>+ +x"—n
20) lim PS: n(n+1)/2
x—1 x—1
21) im0 s he1y2
x—l1 (X—l)
5) lim2—Y* =3 ps: -1/56
x—7 X _4
6) lim VX XA pg 415
=l X7 —4x° +3
~3x—2
7) lim 2—3"93:9/4
x—1 X _1
[.2 3
8) lim WX F3FX 73X e
x—1 X —
10)  m¥X-l5Vx-lpg.
x—l* Jvx—=1
1) tim X2 peea
x>0 3 —42x 49
12) lim Y227V ey
x—2 4/ 1_113 X
Vx +1-1
13)  lim———-"" pS:4
0x2+16-4
14) lim V372X b o1
>3 %43y
. Nx+9++x+16
15)  lim " ps: 7124
x—0
16)  lim Vx - ‘/_“X & véi a> 0. DS:
X—a \/X _a
1/\2a
17)  lim =1 ps2

x*le +3+x%-3x

5 3
4y lim XX 2 pgog
x—-1 v;_;’_l
V1+x* -1

5) lim~———— DPS:1/3
X

x—0

3 —
6) lim——— x-1 bS:1

1 Yax+4-2



TRUONG THPT HUNG VUONG

5 J—
7) lim ¥+l g
X—> X

Bai 6: Tim cac gidi han sau: (Hai can khac bac)

Vi+x—1+x

1) im —— DS :1/6

x—0
2) lim XLV pon

x=0 \/2x+1—\/x+1
3) 1im Yl peap
=031+ x -1

2\/ﬂ\/—

4) lim bS:13/12

x—=0
: \/F Jx
5) lim————
=4 x° —5x+4
3 —
6) lim ‘/2"”?**/" > ps:7/72

x—>-3 X _9

_3
7 tim Vi —3fvox oo
X—> x
Y10-x —vx+2

8) lim PS:-1/3
x—2

x—2

—— bS:-1/18

3 —
9) lim 8x+11 */“798:7/54

x—2 x2 —3x+2
Ji+8x2 — 31+ 6x2

NHOM TOAN

\/5 X —\/x +7

12) lim pS:-11/24
x—1 X _1
13) 1 2”” “VX+2 ps.-1/24
14y lim \/1+4x 1+6x -1 DS:5
x—0
15) i 0\/1+2x\/1+4x 1DS:7/3
16) limMDS: 1/
x—1 (I_X)
g ) =x)a-¥x)a-¥x)
) 1
x—>1 (1 X)
18) lim Vel =Vlox o e
x—0
19) lim

X
—DS:-6
x03/8 —x —8+x

2
8) lim V2x—1+x _3X+IDS:O

x>l \/x 2+4x*—x+1

10) lim > bS:2
x—0 X
3 J—
11) lim\/8x+11 ‘/”7195:7/162
=2 2x% —5x+2
Bai 7: Tim céc gidi han sau: ( lim Snx =1;lim tanx =1)
X—> X X—> X
1) lim 3% ps: 2/n 10) lim ﬂbs:z
X—)E X x>0 X
2
COSX —COs 7X
1 11) lim —————PS:12
2) lim——DS:1 ) Jim =
3) lim tanx+sin2xDS_0 12) lim MDSQ
=0 COSX . x=0  sin”x
. sinx
4) 1im ~2* ps:4/3n 13) lim——"DS:1/2
x> X 14) 1iml—cos;c.cost.cosbc1_38214
1 x>0 —
5) 1im05125" PS:5/3 x cost
x>0 9X sin” =
6) lim sme.sm3x.smeS:1/3 15) lim 3 PS:1/9
x>0 45x x—0 X
7) lim 1—cos2x 5S2 16) limsinx.cosx—sianS:O
x—0 Xsinx ' o sin
1—-cos4x
8) lim ———DbS:4 —[1+si
) xl—r>% 72x2 17) 1imMDS:3\/E
x—0 1_
9) 1lim—SN2X_ pg.4 - \/ﬁ x
)xli% x+1-1 18) 1im—Y%X PS:0
01— cos/x

2



TRUONG THPT HUNG VUONG

19) lim 1-cos3x
x—01—cos5x

_ 2
20) liml cos” 2x

x—0

DS:9/25

bS:4

X sinx

21) lim sin2x +sin x

x—0

- PS:1
3sinx
22) lim sin2x + tan 3x

x—0 X

DS:5

1-sinx—cos2x

23) lim

x—0

- bS: -1
sin x
tan X —sin x

24) 1im P TSNX ps
x—0 X

cos4x — cos3x.cos5x
2

25) lim

x—0 X

DS: 18

cos(E COSX)
lim bS:n BD goc phu chéo

x—0

26)

2 X
sin® =

limmil-)s: 43 Dit 4n phu

Hgl—Zcosx

28) i i=X DS:l6/n
X2 X
cos—
4

27)

2

29) lim cos X + 1

x—1 1—-x

bS:0
lim tan 2x. tan(z - x] PS: 172

x—>
4

30)

31) lim _I-tex
2% sin(x — E)
4 DS: -2

lim(x + 2)sin 3 bS:3

X—>00 x

32)

lim NX+3-2xpg:.7/4

=1 tan(x —1)

33)

34) lim(1+ cos 2x)tgx

X

2 PS:0
sin(Z —
35) 1im(6—.)DS:l/\/§
H% 1-2sinx

36) lim V2sinx-1 sy |
X_% 2cos

bS:-1/2
x—1

lim— L PS:0
x_,g cos x—tan x

37)

38) 1im 32D pg.
=lx” —4x+3

o5
S| ——Xx
lim—% /) ps:1

Hgl— 2sinx

39)

40)

41)

42)

43)

44)

45)

22)

46)

47)

48) (DHGTVT-98): lim

49)

50)

51)

52)

53)

54)

55)

56)

57) lim

58)

59)

60)

NHOM TOAN
tim 232X =1 pg 172
x_>%4cos x-3

. siInX —CcosX
lim———— —

1-tegx
& bS:

V2
2

Jim —— &
x> 1—cot gx
4 bS: -1
lim(x sin %)
o X bS: &
lim ﬂDS:12

x=>-2 tan(x +2)

limLI— 3

- - xPBS: 0
x—>0{ sinx sin3x

lim 1- s?n2x —Ccos2x PS--1

x-0 ] +sin2X — cos2x

tan(a + x).tan(a — x) —tan” a
2

L =1lim .PS:tan*a-1

x—0 X

lim (a+x)sin(a+x)—asina PS: (a+1)sina

x— 0 X
—2x+1 +sinx
3x+4-2-x

oA 2x+1=3Yxr+1 PS:1
lim :

x>0 sin x

lim \/_—\/1+COSX DS \/5/8

x—=0 tan? x

/ . 2
lim 1+sin” x COSXDS:I

x—=0 sin? x

PS:0

x—0

lim(1 —x)tan% PS:2/n

x—1

3 2 2
1im*/3x —144/2x +1g

x—0

S:4

1—cosx
2

) X
lim DS:4/3
x—=0 \/1 + xsinx — \/cosx

lim\/l—l—sin2x —J1—sin2x

bS:2
x—0 X

. +Jcosx —i/cosx
lim bS

sin’ x

. 2 .
25}2 X+51.nx—1 PS--1
x=02sin“x —3sinx +1
lim 1—cosx.cos2x.cos3x PS:7

x—0 X2

-1/12

x—0

lim 1—cosx.cos2x.cos3X...cosnx PS:n(n+1)(2n+1)/12

x—0 X2

TTCOS X
S

(610] )
lim— 2 /PS:0

x>0 sin(tanx)



TRUONG THPT HUNG VUONG

61) lim\/1+sinx —JlI-sinx PS:1
x—0 tan x

43
62) lim l—cot’x i
x—>g2—cotx—c0t X

bS:-3/4

gia tri tuyét doi)
1) lim (3x* —5x* + 7) DS: -o0
2) lim(2x® —3x)PS:+
3) lim (2x’ =3x) PSitw

4) lim v2x*-3x+12 .DS:+ 0

X—>+00

5) lim Vx> —3x+4PS:+t

x—>too

3
6) lim X 2 PS:+ oo
x>to x7 41
. 2x°—Xx
7) lim ., DSt
8) lim 2>t lpso
x—o+0 X —1
4 5
9) lim =X "2 PS:t o
o 5xT 4+ x+4
2
10) tim —*1_ps.1s
x—=>-o]—-3x —5x
2
1) tim —2C2 2D pegs
x=>-0 (5x —1)(x~ +2X)
12) 1im 2 * L psig
x40 x © 4 x+1
2
13) 1im Y ps 030
xoo 3x—1
4_
14) lim 2 "2 PS:+ oo
xoe 1 —2X
2
15) lim MV o x b

16) lim

X—>—0 X —

2
17) lim VX +x+2+3x+1

oo a4 L141-x

18) lim (x+5) j‘lf)s;l
X—>+0 X —

2_
19) 1im Y2 ZTXH12 o 23
o= 3|x[-17

4
20) fim XX 4

bS:-0
x>0 X 4

[hod 2
21)  lim V2xT4x7 -1

X—>+00 1-2x

bS:-

bS:4;-2/3

63) lim
x—0

NHOM TOAN

1—cos x+/cos 2x3/cos 3x DS:3/2

1—cos2x

Bai 8: Tim cac gidi han sau: (giéng giéi han day s chia cho mii cao nhit, nhén lién hop,Dit nhan tir, dau

22) lim pS:-1;1
X—>00 X2+2
3/.3 2
23) lim 2 X
oo Dx—2
2
23) lim—~ "2 _pg: o
x>2x° +4x 4+ 4
24) lim{ 2 Z.ZXH}DS:-OO
=1 (x—1)" 2x-3
25) 1 > PS:- o0

26)

27)

28)

29)

30)

31)

32)

33)

34)

35)

36)

37)

38)

im
=1 (x = 1)(x* =3x +2)
lim (l—ij. PS:- o0

x—0 X XZ

4
. x -1
lim 3—2DS:+OO
x=>1" x7 =2x" +x

lim( L _ 21 jDS:—oo
-2 \x—-2 x" -4

¥ +1
lim ——bS:12
X+ Dx  —x+1

2_
lim uDS:-ooﬁoo
X—>F0 x—=2

2
im —2X 1 g
x>+ x3 32 1)
2
lim Vx +2x+3+4x+le:_1;5
R T g

2_ —
im YAX Z2XH 127X s

ot \J9x? _3x +2x
Qx-1Vx> -3
5x2

lim =~ = PS:2/5
X—>—00 X —
[ 2
lim 283X pey
0 42 L1 _x 42
2
lim MDS%OO
X—>—0 2|x|+1
2
lim wgs;o
xo+0  Q_3x3
4 .3
lim L—MDS:‘FOO
X —>+00 2X—7



TRUONG THPT HUNG VUONG NHOM TOAN

- 2 2 6 2, .
39) lim d X)(1+X)2(3+X)2 pS:1 40) lim X" +4x7+x 2DS:1
X—>0 (2 — X)(3 — X) (4 - X) X —>—00 (X3 + 2)2

Bai 9: Tim céc gioi han sau: (giéng giéi han diy s6 chia cho mii cao nhit, nhén lién hop)

1) lim (\/x2+x—ijS:l/2 14) lim 3x+2-v9x” +12x—3)DS:- ;0

X—>+00 Xt
2) lim (Wx?+x —x)DS:+ o 15) lim (2x—1—\/4x2—4x—3jDS:0
X —>—00 X—>+00
3) lim(vx® —=3x+2 —x)DS:-3/2 16) lim (Vx® =3x+2+x-2) DS:+
4) lim(Wx> =3x+2-x) PS+ o 17) lim(Wx*> =3x+2+x-2)PS:-1/2
5) lim (\/x2+1—X)DS:O 18) lim (vx* =3x+2 +x—-1)DS:1/2;+ o0
6) lim (Vx® —2x +4 —x) DS:+ o0;-1 19) fim (Vx* +2x -2 +x + x)PS:0
) lim (Vx+2 —+x-2)BS:0 20) lim (\/x2+1—\3/x3—1jDS:0
X—>400
8) 1im (VxZ—4x+3 —yx2—3x+2)DS:1/2:-1/2
x>t 21) lim [\/x+\/x+\/; —\/;jDS:l/Z
1 X+
9) lim ———— PS:2
e x2 X+ - x 22)  lim (32x—1-32x+1)Ps:0
10) lim (\/2x2 +1+x) PS:+ w o .
o 23)  lim (\/3x3—1+\/x2+2)DS:-oo
11) lim x(vx*>+5 +x)DS:-1/2; +0 ¥

o 24) lim +x[Vx+3 - vx—1)ps:2
12) lim (\/x2+l+x—l)DS:-1 e
H_w 25) lim(%/x3 +6x° —x)DS:Z
13) Cho f(x) = Vx> +2x+4 - Vx> —2x+4 . x>0
Tinh cdc gidi han lim f(x) va lim f(x), ar d6 nhgn  26) hm({/x3 rxl 4l -V -2+ 1)93;2/3

X—>0

xét vé sy ton tai cia gioi han lim f(x).DS :-2 ;2

Bai 10: Tim cac gidi han sau:

a. lim Vx—1.b. lim (5-x+2x)c lim d. lim e. lim M ZXFX~1
x—>1" x—=5" xo1t x—1 xo1m x—1 x—1" x2 —x3
bS:a.0 b. 10 c.+o0 d.-0 €. 0
Bai 11: Tim cac gi6i han sau néu co a. lim 3% - 6l . b. lim [3x - 6l . c. lim [3x - 6l .
x=2t X—2 x=2~ X—2 x=2 X—2

PS:a.3 b.-3 c.Koxd

Bai 12: Tim céc gi6i han sau: (Bé y dén dau cac biéu thirc tr va mau khi tinh gi6i han nay)

D lim 22 ps: o 5) lim ADS:M
x—=2" x—2 x—2" 2x2 —5x+2
. x—15_ . 12—
2) lim DS:+ 6) lim —————— bS:-1/3
x2 x—=2 x—>2 2x2 —5x+2
— 2 2_
3) lim 32X b o 7) lim *—2% ps:0
x-3t x=3 =2 3x+1
[ 2 . 3x—-1 ..
4 1im % psit oo 8 lim——DbS:52
x—2t x=2



TRUONG THPT HUNG VUONG NHOM TOAN

f— 2_
9) im b1 16) lim wDS:-i-oo
-l x—1 x=>-2" x4+ x-2
-1 2 _
10 tim st 17) tim 73 pgi o
o x—1 =2 x 4 x =2
[y 2 3 [
1) lim X% psi1p 18) lim 272 SN
x—=07F 2Xx x—1" X2—5X+4

2x
12) lim ———=bS:-1;1 . 1-x .0
x>0t \J4x2 +x3 19) Xl_l)r(1)1+£x‘/ " JDS.0,0
2_
13) 1im X3 pge o  Kix2

=2 x—2 20) lim —IDS:+oo
2 _ x—>17T X —
14) 1lim X233 peer o
x—>2" X -
x=3
15) lim bS:- oot
x4t x —4
Bai 13: Tim cac gidi han mdt bén ciia ham s6 tai diém duoc chi ra: (Gi6i han mot bén tién t6i 1 sé)
9—x? .
) f=133 Mix<3 1ix=3DPS:-6;-2; ko xd
1-x khix>3
2_
al 2;“ khi x >2
2) f(x) = 84—x tai x =2DS:-1/6; 32; K xd
X 710 i v <2
x—
2_
# khi x> 1
3) f(x)= x° =1 tai x =1DS:-1/2; -1/2; -1/2
_Z khi x <1
2
3“1” L i x>0
4) f(x)=<¥Vl+x-1 tai x =0DS:3/2;3/2;3/2
3 khi x<0
2
Bai 14: Tim gié tri ctia m dé cac ham sd sau c6 gidi han tai diém duoc chi ra:
1) f(x) = khi x <1 14 x =1DS:m=1
mx+2 khi x>1
x+m khi x <0
X tai x =0DS:m=1
f() x%+100x+3 i x50 "
x+3
f(x) {x+3m khlxi ltixz—l
X" +x+m+3 khi x>-1 PS: m=2
f)=14x-1 ,3_1 khi x> 1 tai x =1PSmM=1;m=2
4) m>x* —3mx+3 khi x<1

DANG 3: HAM SO LIEN TUC VA CHUNG MINH PHUONG TRiNH CO NGHIEM

Bai 1: Xét tinh lién tuc ctia ham so tai diém duoc chi ra:

2



TRUONG THPT HUNG VUONG NHOM TOAN
x+3 , 4-x* .
D f@=17 MEEFD i —1pSILT by =1 oo <2 k=2 PSK Lt
-1 khix=1 1-2x khix >2
—““31_2 khix=1 x+% khi x <0
2) f(x)= { X= tai x=1DS:Lt 8) f(x)= taixo=0 DS: Lt
— khi x=1 Vx+1-1 Khi
4 1x>0
M+x -1
x> —-x-6 .
3) f(x)=J)x"-x-2 Khix#2 tai Xxo=2 DS: Lt S khi x>5
1 " o ' 9) F(X)=12x—1-3 tai x =5DS:Lt
3 ix=2 (x=52+3 khix<5
1-42x-3 . 1—-cosx khix<0 .
1TNLX TS 10 = tai x=0 PS:K Lt
§ f)=1 2-x  MX#2 iv=2 PSLt ) 1) {«/erl khi x>0
1 khi x =2 o1 I
2 Tx458 11) f(0)=1J2_x_1 ' X< 1gi x=1DSiLt
=T R khix#2 _ A S
5) fO=y 2 3,4 tai x=2 DS:Lt 2x khi x>1
1 khi x=2
2_3x+4 khi x<1
6) f)=1° % PES i xo= 1DSK Lt
2x -3 khix >1

Bai 2: Tim m, n,a d€ ham so6 lién tuc tai diém duoc chi

3 2
X —x"+2x-2 )
1) f(x)= ) khi x#1 10; =1 DS:m=0
3x+m khi x=1
x*+2x-3 Khi
) fx)=1" 27 MxFl gaixe=1DS:a=572
a khix =1
2 .
3) f(x)=1{~* khi x <10 v =1 PS:m=2
2mx—3 khi x>1
2 _ .
4y flxy = X T2 kX< 1PSa=2
2X +a khix>1

Bai 3: Xét tinh lién tuc ctia cac ham so sau trén tap xac

2 _3x—7 khi x<-2
1)f(x)={f X PEXSTCOLR

khix > -2
x> —3x+4 khi x<?2

—X

2) f(x)=95 khi x =2 DS:K Lt tai x=2
2x+1 khi x>2
3
%’”2 khi x % -1
3) f(x) = x +1 PS:Lt/ R

khi x =-1

Vi-x —+I+x | .
——  khix <

0
5) f{(x)= X tai Xxo= 0 BS:a=-3
a+t—>=  khix>0
X+2
3 [—
NIKA2 -2 s
6) fx)={ X~ tai x,= 2 DS:a=0
ax+— khi x <2
4
dinh cua chung:
2
x~—4 .
4) f()=1"117 Mix*2pgiyr
—4 khi x =-2
2
x° =2 )
5) f(x)=43_2 Khi x 22 po 1R
22 khix=+2




TRUONG THPT HUNG VUONG

2 —
A0 i<
x> -4
6) f(x)= 2“23 hi2 < x < 5 PSK Lt tai x=5
X +

Bai 4: Tim céc gia tri cia m dé cac ham so sau lién tuc trén tap xac dinh cua chung:

) fx)=

2) f)=

3) f)=

4) f(x)={

3x—4 khix > 5

2
x“—x-2 .
——2 khi x #2 5g.1=3
m khi x=2

x2+x khix<l

2 khi x=1 DS:m=1
mx+1 khi x>1

x4 2x-2

khi x#1 ngo
x—1 DS:m=0
3x+m khi x =1

2 .
X khi x < IDS: =2
2mx—3 khi x>1

NHOM TOAN
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Bai 5: Chung minh rang cic phuong trinh sau luén c6 nghiém:

a) x3— 2x —7=0 DS: f(x) lién tuc trén R va 1(0).f(3)<0

b)x’+x3-1=0 DS: f(0).f(1)<0

) x}*+x2+x+2/3=0 DS: f(-1).(0)<0

d) x> - 6x>+9x — 10 =0 DS: 1(0).f(5)<0

e)x°+9x®>+x+2=0 DS: f(-3).f(0)<0

fcosx—x+1=0 DS: {(0).f(3)<0

2)x’ —3x+3=0 BS: f(-2).f(0)<0
hyx>+x-1=0  DS: f(0).f(1)<0
Dx*+x°-3x2 +x+1=0 DS: f(-2).f{0)<0

Bai 6: Chung minh rang phuong trinh
a) x> — 3x2 + 3 =0 ¢6 3 nghiém trong khoang (- 1;3) DS:f(-1)<0; £(0)>0; £(2)<0; f(3)>0

b) 2x* — 6x + 1 = 0 ¢6 3 nghiém trong khoang (- 2;2) BS:f(-2)<0; £(0)>0; f (1)<0; f(2)>0

¢) x> + 3x? -3 =0 ¢6 3 nghiém trong khoang (- 3;1) DS:f(-3)<0; f(-2)>0; f (0)<0; f(1)>0
d) x> - 3x2 + 1 =0 c6 3 nghiém trong khoang (- 1;3) DS:f(-1)<0; f(0)>0; f (1)<0; £(3)>0

e) 2x? + 3x — 4 = 0 ¢6 2 nghiém trong khoang (- 3;1) DS:f(-3)>0; f(0)<0; f (1)>0

f) x3— 5x*+4x — 1 =0 ¢6 3 nghiém trong khoang (0;5) DS:(0)<0; f(1/2)>0; f (1)<0; f(5)>0

g) x> —5x> +4x—-1=0 cb 5 nghiém trén (-2; 3). DS:f(-2)<0; f(-3/2)>0; £(0)<0; f(1/2)>0; f (1)<0;
f(3)>0

Bai 7: Chimg minh ring cac phuong trinh sau c¢6 3 nghiém phan biét:
1) x*-3x+1=0 BS: f(-2)<0; f(0)>0; £ (1)<0; f(2)>0
2) x> +6x%+9x+1=0 DS: f(-4)<0; f(-3)>0; f (-1)<0; f(0)>0
3) 2x+6%/§ =3 DBS: f(-7)<0; £f(0)>0; £ (1)<0; f(9)>0
Bai 8: Chung minh rang cic phuong trinh sau ludn cé nghiém véi moi gia tri ctia tham so:
1) m(x—1)*(x=2)+2x-3=0DS:f(1).f(2)<0
2) x*+mx?—2mx-2=0 DS:f(0).f2)<0
3) *a(x=b)(x—c)+b(x—c)(x—a)+c(x—a)(x—b)=0 HD: xét 4 TH: a<b<c<0; a<b<0<c;...
4) x>-mx+m-4=0  HD: sir dung gi6i han
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5) mx3-5x+2=0 HD: st dung gidi han.

Khi m=0 pt luén c6 nghiém. Khi m #£0 Dat f(x)=Vt Khi d6 lim ™) _ 4o nen Tuon o6 2 b
x>t m

ab dé

f(a)/m.f(b)/m<0 nén pt luén c6 nghi¢m.

6) (1-m?)(x+1 +x*—x-3=0 DS: st dung gi6i han
7) cosx+mcos2x =0DS:f(n/4)f(3n/4)<0
8) m(2cosx— \/5) =2sin5x+1  BS: f(-n/4)f(n/4)<0
Hmx-1>x+2)+2x+3=0 DS: f(1).f(-2)<0
10) m2+m+ Dx*+2x-2=0 DS: f(0).f(1)<0
Bai 9: Cho f(x) = ax> + bx + ¢ thoa man : 2a+3b+ 6¢ =0
a)Tinh a,b,c theo f(0), f(1) ,f(1/2)

b)Chirg minh rang ba s6 f(0), f(1) ,f(1/2) khong thé cung dau
¢)Chtrng minh rang phuong trinh ax? + bx + ¢ = 0 ¢6 nghiém trong (0;1)

Bai 10: Chung minh cac phuong trinh sau luén c6 nghi¢ém:
1) ax®>+bx+c=0 v6i 2a+3b+6c=0
2) ax’>+bx+c=0 véi a+2b+5¢c=0 BS: f(0)+(1/2)=0
3) x> +ax? +bx+c=0DS: dya vao gi6i han

Bai11: Cho 3 s6 a,b,c khac nhau .
Chtrng minh rang phuong trinh (x —a)(x—b) +(x—b)(x—c)+(x—c)(x—a)=0

C6 2 nghiém phan biét.

DS: f(a); f(b); f(c). Gia sira <b < c. Thi f(a)>0; fib)<x* =3+ x> 2\/5 ox¥>12xex’2120;
f(c)>0 nén pt luon cé 2 nghi¢m.

Bai 12: Chung minh ring phuong trinh: ax*> +bx+c=0 ludn co nghiém x € [0;%}
véia=0va2a+6b+ 19¢c=0.DS: f(0)+2£(1/3)=0
Bai 13: Cho phuong trinh x* — x — 3 = 0. Chiing minh rang: phuong trinh ¢6 nghiém x, €

(1;2) va xo > 7\/1_2
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CHUYEN PE 5: PAO HAM - TIEP TUYEN
A.LY THUYET CO BAN
1. Binh nghia dao ham
+ Cho ham s6 y = f(x) xac dinh trén khoang (a; b) chira xo

P(x0) = fim L))

%, XX,
+ Néu ham sb y = 1(x) c6 dao ham tai Xo thi ham s6 lién tuc tai diém do.

2. Y nghia ciia dao ham

+ k = f'(x0) 1a hé sb goc cua tiép tuyén ctia d6 thi ham sd y = f(x) tai M (Xo; o) VOi yo = f(Xo).
+ Phuong trinh tiép tuyén tai M(Xo; yo) 13 y = f'(Xo)(X — Xo) + Yo.

3. Qui tic tinh dao ham

+(C) =0; x' = 1; (x*) =n.x*" voi moi s6 thyc n

+u+tv)=u-+v;@uv)=v.v+v.u @u/v)=>Uv-vu)/v%;(ku)=ku'; (1N)=—"/v*(v+
0)

+ Pao ham ctia ham hop: Néu u(x) c6 dao ham theo x 1a u'(x) va ham sb y = f(u) c6 dao ham
theo u 13 f'(u) thi ham sb y = f(u(x)) c¢6 dao ham tai x 13 y' = f'(u).u'(x)

4. Pao ham cua ham s6 lugng giac

sinx

+ Gi61 han co ban lin(} =1
X—> X
M ’ ! 1 ! ! 1
+ (sin x)" = cos X +(cosx)'=—sinx +(tanx) = 5 +(cotx) = ———
cos” X sin” x
5. Viphan
+ dy = y'dx + f(Xo + AX) = f(x0) + f'(X). AX

6. Pao ham cap cao y® = [y®] véin>2

7. Phuong trinh tiép tuyén tai diém M(xo; yo) 1a d: y = f(Xo) (X — Xo) + Yo
a. Viét phuong trinh tiép tuyén song song voi duong thang A: y =ax + b
+ Goi tiép diém 1a M(Xo; yo)
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+ Hé s6 goc tiép tuyén la k = f(xo) = a

+ Tim Xo, Yo 10i suy ra phuwong trinh tiép tuyén

b. Viét phuong trinh tiép tuyén vudng goc v6i duong thing A:y =ax + b
+ Goi tiép diém 1a M(Xo; yo)

+ Hé s6 goc tiép tuyén 1a k = f'(x0) =—1/a

+ Tim Xo, yo 0i suy ra phuong trinh tiép tuyén

B.BAI TAP
DANG 1: PAO HAM

Cau 1. Cho ham s6 y = 2x2—3x + 1. Tinh y'(1)
Al B.-1 C.0 D.2
Céu 2. Cho ham s6 y = 2x* — 3x2 + 1. Tinh y'(-1).

A.0 B. 12 C.6 D. 1
~ \ £ 2x —1 ,
Cau 3. Chohamsdy = ~ 1 Tinh y'(1).
X_
Al B.-1 C.3 D.-3

Céu 4. Cho ham s6 y = 3v/x +1+4~/3—x . Tinh y'(11/25)

A.5/2 B.1/2 C.0 D. 1
Cau 5. Chohamsby = L Tin y"(2).
2x -3

A. -4 B.4 C.-8 D.8
Céu 6. Tinh dao ham ctia ham s6 y = x> — 3/x + 2

A.y'=3x>+3/x? B.y'=3x>-3/x? C.y'=3x*-6/x? D.y'=3x>+ 6/x?
n N 4 A an e
Cau 7. Chohamso y = EX\/; . Chon bi€u thic diing véi moi x > 0
A.2xy' -3y =0 B.2xy'+3y=0 C.3xy'-2y=0 D.3xy'+2y=0

Cau 8. Tinh dao ham ctia ham s6 y = x2(x> — 1)(x* — 4)
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A.y'=5x7 - 12x3 + 4x

C.y'=6x>—20x> + 8x

NHOM TOAN

B.y'=6x° - 16x* + 8x

D.y'=6x>— 15x3 + 8x

Cau 9. Tinh dao ham cua ham $b y= X+3
-X
Ay =3(1-x® By=4(-x7 Cy=-4(1-x2 D.y=-3/(-xp
2
Cau 10. Tinh dao ham cép hai cia ham sb y= —2X 14X
X+

Ay =4(x+1p  B.y'=12/(x+1¢ Cy'=-12/x+1¢ D.y'=-4/(x+1y

Cau 11. Tinh dao ham cta ham sé y = (x2 + x + 1)}
Ay =3(x+ D2+ x+ 1) B.y'=6(2x + )(x2+x + 1)
Cy=6x+1x*+x+1) D.y'=32x+ )(x*+x+ 1)
Cau 12. Tinh dao ham ctia ham sb y = (4x — x?)°.
A.y'=-10(2 — x)(4x — x?)*. B.y' =102 — x)(4x — x?)*.
C.y' =202 —x)(4x —x2)*. D.y'=-20(2 — x)(4x — x>)*.

1

Cau 13. Tinh dao ham ctia ham s6 y = —
(x”+2x)

A.y'=-2(x + 1)/(x* + 2x)? B.y'=—4(x + 1)/(x* + 2x)?

C.y' =2(x + D)/(x2 + 2x)? D.y'=4(x + 1)/(x* + 2x)?

Cau 14. Cho ham s6 y = 3/x2. Tinh gi4 tri ctia biéu thirc P = y"(1) + y'(1).

A.P=-12 B.P=30 C.P=24 D.P=12

Cau 15. Cho ham sb y= V2x? —5x+2 . Chon biéu thuc ding v&1 moi s6 thuc x

A.2y"y =9 B. 4y"y* =9 C.4y"y*=-9 D.2y"y =9

Cau 16. Cho ham s6 y = (x2 — 2)v/x* + 2x +3 . Tinh gia tri ctia biéu thirc P = y'(1).y(1)
A.P=6 B.P=8

C.P=10 D.P=12

Cau 17. Cho ham s§ y = (v1+ x ++/1—-x)* . Tinh y'(0).
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A.2 B.3 C.6 D.0
. +x°
Cau 18. Chohamsoy = T Gidi phuong trinh yy' +4 =0
X+
A.x=0 B.x=1 C.x=-2 D.x=3
Ciu 19. Tinh dao ham ciia ham s§ y = —n X
I+cosx

A.y'=1/(1+cosx)> B.y'=1/(1 +cosx) C.y'=-1/(1+cosx) D.y' =2/(1+cos x)*
Céu 20. Tinh dao ham ctia ham sd y = X cos 2x

A.y'=sin 2x — X cos 2x B. y'=cos 2x — x sin 2x

C. y'=sin 2x — 2x cos 2x D. y'=cos 2x — 2x sin 2x
Céu 21. Tinh dao ham ciia ham s y = sin® 2x

A.y'=3sin? 2x cos 2x B. y' = 6sin? 2x cos 2x

C.y'=-3sin? 2x cos 2x D. y' =-6sin? 2x cos 2x
Cau 22. Cho ham sé y = tan® (2x + 7/6). Tinh y'(z/12).

A. 36 B. 48 C.54 D.72
Céu 23. Tinh dao ham ctia ham sd y = x sin 2x — x2 tan x

A.y'=sin 2x + 2x cos 2x — 2X tan X + x?/cos* X

B. y'=sin 2x + 2x cos 2x — 2X tan X — x?/cos? X

C.y'=sin 2x + 2x cos 2x + 2x tan X — x?/c0s* X

D. y'=sin 2x + 2x cos 2x + 2x tan X + x*/c0s?* X
Céu 24. Cho ham s y = sin? x + cos 2x. Giai phuong trinh y' = 1

A. x =7/4 + kn, k 14 s6 nguyén B. x = kn, k 14 s6 nguyén

C. x = -m/4 + kr, k 14 s6 nguyén D. x = /6 + kr, k 14 s6 nguyén
Cau 25. Cho n 12 s6 nguyén duong. Tinh dao ham ctia ham sd y = sin” x cos nx

A.y'=nsin™! x cos X cos nx — n sin nx sin® x

B. y'=nsin™! x cos X cos nx + n sin nx sin® x
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C.y'=-nsin™! x cos x cos nx + n sin nx sin® x

D.y'=-nsin™! X cos X cos nx — n sin nx sin" x

Cau 26: Chohams8 f(x) = Sx—1 . Tap nghiém cua bat phuong trinh 1'(x) <0 13
A D B. R\{0} C. (—0;0)
. e sl 27X
Cau 27: bao ham cuahamsd y = la:
3x+1
Ayv_ —7 B yv_ 5 cyv_ —7
3x+1 (3x+1)? (3x+1)°
-3x+4

C3u 28: Dao ham ctia hamsé f(x) = tai diém x=—1 13

11 |
AL —— B. — -1
3 5
s e x+9 e N
Cau 29: Dao ham cua ham s6 f(x) = 3 ++/4x tai diém x =1 bang:
X+
25 5
A —— B. — C. —
16 8
~ b n 3x+5 b ? by ~ by
Cau 30: Chohams6 y = . Dao ham cua ham sé la
—1+2x
a o . ¢y 13
' (2x—1)° ' (2x—1)° ' (2x—1)°
. . x* +2x-3 e
Cau 31: Choham s6 y =—— . Bao ham ciua ham sé la
x+2
Ay'=1+ 3 5 y,_x2+6x+7 c ,_x2+4x+5
' (x+2° (x+2) ' (x+2)

Céu 32. Cho ham s g(x) = (x + 1)cos x. Tinh g"(x/2).

A.0 B. 1 C.2
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-y

NHOM TOAN

(O;+oo)

Y :3x+1'

11

13
(2x—1)?

B x> +8x+1

D =
4 (x+2)*
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Cau 33. Cho ham s y = x* — 2x2. Giai phuong trinh y' =0

A x=0Vx=+£2 B.x=0Vx=+1 C.x=+lI D.x=+2
Céu 34. Cho ham sd y = sin 2x — 6 sin x + 4x. Giai phuong trinh y' = 0

A. x =7/2 + k2 hodc x = £1/6 + k2, k 14 s6 nguyén

B. x = k27 hodc x = £1/6 + k2, k 14 s6 nguyén

C. x = k27 hodc x = /3 + k2, k 14 s6 nguyén

D. x = n/2 + k27 hodc x = +1/6 + k2, k 1a s6 nguyén

Cau 35. Cho ham s6 y = x* — 3(m — 1)x? + 6(m — 2)x + 9m — 5. Tim gia tri cia m dé y' > 0 véi
moi sd thuc x.

A.1<m<3 B.1<m<4 C.1<m<2 D.1<m<5
Cau 36. Tinh dao ham cdp ba ctia ham sd y = cos 2x — sin? x

A. y® = 8sin 2x B. y® = 12sin 2x C.y®=-12sin2x  D.y® =4sin 2x
Cau 37. Tinh dao ham cip ba ctia ham s6 y = 5x* — 2x> + 3x>— 6

A . y®=20x-6 B.y® =60x - 12 C.y®¥=120x-12 D.y®=120x - 24

Cau 38. Cho ham s y = x cos x — sin x. Giai phuong trinh y® + y'= 1

A. x =+1/6 + k2m, k 1a s6 nguyén B. x = +n/3 + k2, k 14 s6 nguyén

C. x =+51/6 + k27, k 1a s6 nguyén D. x =+27/3 + k27, k 13 s6 nguyén
Céu 39. Cho ham sd y = X—_fl . Tap nghiém cta bit phuong trinh y" <y'y 1a

A. (4; 5] B. (—x; 4) C. (-o0;4) U [5; +0) D. [5; +0)

Cau 40. Cho ham sd y = tan 2x. Tinh y"(—/8).

A. 4 B.8 C.16 D. 32
Cau 41. Tinh dao ham cép n ciia ham s6 y = 1/(1 + x)

A.y® = (D" n!/(1 +x)" B. y® = (=1)"n!/(1 + x)!,

C.y®™ = (D™ nl/(1 + x). D. y® = (D)™ (n+ D1 + x).
Cau 42. Tinh dao ham cip n ctia ham sb y = cos 4x
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A. y®™ = 4" cos (4x + nn/2) B. y™ = 4" cos (4x + nm/2)
C. y® = 41 cos (4x + n/2) D. y™ =41 cos (4x + nn/2)

1

Cau 43. Tinh dao ham cép n ctia ham sb y=—5———>
X“+3x+2

A y® =D n![1/(x + 1) + 1/(x + 2)"] B.y®W = (D" n![1/(x + 1)" - 1/(x +2)"]

C.y®™ = (=1 n![1/(x + 1)™! + 1/(x +2)™'] D.y® = (=1) n![1/(x + )™ — 1/(x + 2)™"]

Cau 44. Tinh dao ham cép n ctia ham sb y= 1_);
X+
A y®=2(-1)" (n— DI/(x + 1), B. y®™ =2.(-1)™! nl/(x + 1)1,
C.y™=2.(-1)"(n+ D/(x + 1)1, D. y®=_2.(-1)" (n— )I/(x + 1)1,

Cau 45. Tinh dao ham cép n ciia ham s6 y = sin? x
A. y®™ =21 sin (2x + nm/2) B. y™ =21 cos (2x + nn/2)

C. y®™ =2"1sin [2x + (n— 1)n/2] D. y® =21 cos [2x + (n— 1)7/2]

Céu 46. Cho ham s6 y = v/2x —x? . Chon biéu thtrc luén dung véi 0 < x < 2.
A y'y?=-1 B.y"y*=1 C.y'y’=-2 D.y"y*=2

Céu 47. Cho ham s y = x tan x. Chon biéu thirc ding v&i moi x # n/2 + kr, k 13 s6 nguyén

Axy" =20 +y?)(1 +y) B.x?y" =20 +y*)(1 +y)
C.xty"=(x+y)(l+y) D.x?y" =—(x*+y3)(1 +y)
sin 5x

Cau 48. Tim gi6i han lim—
x=0 sin 2X

A.5/2 C.2/5 C. 1 D.-1
Cau 49. Tim gidi han lirr(} ! _C?SX
X—> X
Al B. -1 C.4 D.2

N ) . COSX—CO0S5x
Céau 50. Tim gioi han im——
x—0 X Sin X

A.—4 B.2 C.2 D.4
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2
Cau 51. Tim gi¢i han lim o )°
x>-n/4 ] +51n 2X

A.8 B. 16 C. 4 D.2

Cau 52. Tim gi6i han lim (g ~x)tanx

x—7/2

Al B.1/2 C.2 D.-1

. sin(2x—m/3)
m _—
w6 3 -2cosx

—
—

Cau 53. Tim gidi han

A.2 B.4 C. 1 D.-1
Cau 54. Cho ham s6 y = cos x + +/3 sin x + 2x — 1. Giai phwong trinh y' = 0
A. x =-21/3 + knm, k 13 s6 nguyén B. x = —51/6 + kr, k 14 s6 nguyén
C. x = 57/6 + km, k 1a s6 nguyén D. x =2n/3 + kr, k 12 s6 nguyén
Céu 55. Cho ham sé y = sin? x + 2cos x. Giai phuong trinh y' = 0
A. x =km, k 14 s6 nguyén B. x = /2 + knm, k 14 s6 nguyén
C. x = /6 + km, k 13 s6 nguyén D. x =n/3 + kr, k 1a s6 nguyén
Céu 56. Cho hai ham s6 f(x) = 5cos® x — sin x va g(x) = sin® x. Giai phuong trinh g'(x) = f(x)
A. x =7/3 + kn, k 14 s6 nguyén B. x = 1/6 + knm, k 14 s6 nguyén
C. x =12 + knm, k 1a s6 nguyén D. x = /4 + km, k 12 s6 nguyén

Céu 57. Cho ham sd y = mx® — 6x2 + 3mx — 15. Tim gia trj ciia m sao cho y' > 0 véi moi sd thuc
X

A.|m| <2 B. |m|>2 C.0<m<2 D.m>2

Cau 58. Cho ham s6 y = mx® — 3mx2 + 6(m + 1)x + 12. Tim gi4 trj ciia m sao cho y' < 0 v6i moi
sb thuc x

A m<0Vm>2 B.m<0 Cm<-=-2 D.-2<m<0
Cau 59. Cho ham séy=x3—3x2+3mx—3. Tim gid tri cua m sao cho y' > 0 véi moi s6 thuc x.

A.m>2 B.m<1 C.m>1 D.m<2
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Cau 60. Cho ham s6 y = mx?® + 3mx? — 6(3 - m)x + 6m + 3. Tim gid tri cia m sao cho phuong
trinh y' = 0 c6 hai nghiém phan biét cung dau.
A.0<m<6 B.0<m<3 C.m<0Vm>3 D.3<m<6
Cau 61. Tinh dao ham ctia ham sé y = (x* + 2)3(x2 — 3).
A.y'=6x3(x? + 2)(x* - 3) + 2x(x* + 2)* B.y' =9x*(x*+ D)A(x*—3) + 2x(x* + 1)?
C.y'=6x3(x* +2)*(x* - 3) — 2x(x*> + 2)? D.y'=9x*(x>+ 1)2(x2—3) — 2x(x> + 1)

2_
Cau 62. Tinh dao ham ciia him séy:L’;“
X_
Ay =1+1/(x-27 B.y'=1-3/(x-2 C.y'=1+3/(x-2¢ D.y'=1-1/(x2)

Cau 63. Cho ham s6 y = (-2x2 + x + 3). Hé s6 goc tiép tuyén tai giao diém cua d6 thi ham sb véi
truc Oy la

A k=-36 B.k=36 C.k=-27 D. k=27
Cau 64. Cho ham sé y = "2 Tinh y'(0)

. —

A2 B. 2 C. 1 D.-1

Céu 65. Tinh dao ham ctia ham s y = sin® (2n/3 — 2x)
A.y'=-6sin? (2n/3 — 2x) cos (2n/3 —2x)  B.y'=-3sin? (2n/3 — 2x) cos (2n/3 — 2x)
C. y'=3sin? (2n/3 — 2x) cos (2m/3 — 2x) D. y'= 6sin? (21/3 — 2x) cos (2n/3 — 2x)

Céu 66. Tinh dao ham cta ham sé y = (1/x) sin x

A.y'=(-1/x?) sin x — (1/x) cos x B.y'=(-1/x*) sin x + (1/x) cos x
C.y'=(1/x?) sin x — (1/x) cos x D.y'=(1/x?) sin x + (1/x) cos x
Cau 67. Cho ham sd y = w . Tinh gia tri cta biéu thac P =y> +y".
sin X —COS X
A.P=0 B.P=1 C.P=-1 D.P=2

Cau 68. Cho ham sé y = |cos x|. Tinh y'(r).

A.0 B. 1 C.-1 D. khong ton tai
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) x*+1-1 0
Cau 69. Cho ham s0 g(x) = X X#Y Tinh gia tri cua g'(0)
0 x=0
A.0 B. 1 C.-1 D. khong ton tai

Céau 70. Cho ham sd y = x3 + 3(m — 1)x? + 3x — 9. Tim gia trj ciia m sao cho y' > 0 v&i moi sb
thuc x

A.0<m<2 B.0<m<1 C.1<m<2 D.1<m<3
DANG 2: PHUONG TRINH TIEP TUYEN
Céu 1: Phuong trinh tiép tuyén ctia ham s6 y = x3 — 3x + 1 tai diém c6 hoanh d¢ bang 2 la:

A y=x-1 B. y=-1 C. y=9x+15 D. y=9x-15
Cau 2: Mot phuong trinh tiép tuyen cuia hs y = x* — 4x2 + 2 tai diém c6 tung do bang 2 la:

A y=2 B. y=3x+2 C. y=16x-23 D. y=x-5

Cau 3: Mot phuong trinh tiép tuyén ciia ham s y = Z;T_ll biét hé sb goc bang -1 1a:

A y=-x-1 B. y=x+1 C. y=3x+1 D. y=3x-2
Céu 4: Mot phuong trinh tiép tuyén cua ham sé y = i—: biét tiép tuyén song song v4i dudong
thang y = -3x +5 la:
Al y=-3x-1 B. y=-3x+2 C. y=-3x+I11 D. y=-x-2
Céu 5: Gia st A 1a phuong trinh tiép tuyén ctia ham sb y = % tai diém c6 hoanh do xo = 1.
Tim tat ca cac gia tri ctia m dé A vudng goc v6i duong thang x +2m—my =0

A . m=-1 B.m=1 C. m=5 ~ D.m=-5 i
Céau 6: Mot phuong trinh tiép tuyén cua ham s y = -x3 +3x - 3 biét ti€p tuyén vudng goc voi duong thang

yz—lx+5 la:

w

A, y=3x-1 B. y=3x-3 C. y=-3x+11 D.y=-x-2
Céu 7: Cho d0 thi (C):y=x’-3x"+x+1. Tiép tuyén ctia d6 thi (C) tai diém M c6 hoanh d¢

x =0 cit dd thi (C) tai diém N (khac M). Tim toa d6 diém N.
A. N(3;4) B. N(-1;-4) C. N(2;-1) D. N(1;0)

Céu 8: Phuong trinh tiép tuyén voi do thi (C,) cuahamsb y=x’ -1 tai giao diém cua dd thi

(C,) voi truc hoanh c6 phuong trinh
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A, y=3x-1 B. y=3x-3 C.y=0 D. y=3x-4
Céu 9: Cho ham sb y=xInx+1 c6 d6 thj (C). Viét phuong trinh tiép tuyén vai d6 thi (C) tai
diém c6 hoanh d¢ x, = 2e

A.y=(2+In2)x—-2e-1 B. y=(2+In2)x+2e+1

C.y=—(2+In2)x-2e+1 D. y=(2+In2)x—2e+1
Cau 10. Tiép tuyén tai diém cuc tiéu ctia d6 thi ham so y=§x3—2x2+3x—5

A. Song song v6i dudng thing x =1 B. Song song véi truc hoanh
C. C6 hé sb goc duong D. C6 hé s6 goc bang —1

Cau 11. Cho ham s6 y = x* — 3x2 + 3 ¢6 d6 thi (C). Goi M(xo, yo) va N 1a hai diém thudc (C) d6i
xtng voi nhau qua gdc toa do. Hé sd goc tiép tuyén tai M va N 1a

A.£3 B.+9 C.-3vao D.6val2

2
Cau 12. Cho ham séy = * X
(x+

J4

0’ c6 dd thi (C). Viét phuong trinh tiép tuyén véi (C) song song

vo1 truc OX.

A.y=0 B.y=-2 C.y=9/8 D.y=1

2
Cau 13. Cho ham sd y = (x 11) c6 d6 thi (C). Gia st M, N 12 hai diém thudc (C) c6 cac hoanh
X+
d6 déu 1a nghiém ctia phuong trinh y' = 0. Viét phuong trinh dudng thiang d di qua M, N.
A.dy=2x-1) B.d:y=2(x+1) Cy=x-1 D.y=x+1

Céu 14. Cho ham sd y = x* — 3x% + 2 ¢ db thi (C). Viét phwong trinh tiép tuyén vdi (C) tai diém
c6 hoanh dd xo = 1.

A.y=3x-3 B.y=3-3x C.y=3x+3 D.y=9x-9

Cau 15 Cho ham s y = x* — 3x + 2 ¢6 d6 thi (C). Viét phuong trinh tiép tuyén véi (C) biét tiép
tuyén c6 hé s6 goc 12 9.

A.y=9x—- 18 hoacy=9x + 18 B.y=9x—-14hodcy=9x + 18

C.y=9x—14hoacy=9x+ 14 D.y=9x—-22hoacy =9x + 14
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Cau 16. Chohamsdy = 31X—+ Viét phuong trinh tiép tuyén song song voi duong thang A: y =
- X

X +2018
A.y=x+2hodcy=x-38 B.y=xhodacy=x-8
C.y=x+1hodcy=x D.y=x+1hoacy=x-9

Cau 17. Cho ham s6 y = —x® + 3x2 + 6x. Viét phuong trinh tiép tuyén vudng goc véi dudng thang
A:x—-3y=0.

A.y=-3x+1hodcy=-3x+27 B.y=-3x—-5hodcy=-3x+27
C.y=-3x+5hoacy=-3x-9 D.y=-3x+1hodcy=-3x-9

Cau 18. Cho ham s6 y = x2 — 2(m + 2)x + 3(m + 8) ¢6 d6 thi (C). Tim gi4 tri cia m sao cho (C)
tiép xtc v6i truc hoanh

Am=4Vm=-5 B m=2Vm=-6 C.m=3Vm=-4 D m=6Vm=-2

Céu 19. Cho ham s6 y = —x* + 3x2 — 2. Viét phuong trinh tiép tuyén cua do thi ham sb sao cho
tiép tuyén c6 hé s6 goc 16n nhit.

Aly=-2 B.y=3x-3 C.y=3x+3 D.y=3x-1
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CHUYEN PE 6: PHEP BIEN HINH
Ciu 1: Cho ¥ (-1;5) va M’(4;2) . Biét M’ 1a &nh clla M qua phép tinh tién T; . Khi dé
a) M (3;7) b) M (5;-3) c) M (3;-7) d) M (-4;10)

Cau 2 : Trong mat phang cho ¥ (-1;3) va M’(-2;5) . Biét Ty; (M) = M’ khi d6 :

a) M’(-1;-2) b) M’(1;-2) c) M’(-3; 8) d) Dap an khac
Cau 3: Cho V (3;3) va dudng tron (C) : x2 + y2 -2x +4y -4=0 . Anh ctia (C) qua T 13 (C’) a)
(x-4)% + (y-1)2=9 b) (x-4)% + (y-1)>=4

c) (x+4)? + (y+1)*=9 d) x2 + y? + 8x + 2y -4=0

Cau 4: Hinh gébm hai dudng tron cé tdm va ban kinh khac nhau cé bao nhiéu truc doi
xang ?

a) Mét b) Hai c) Ba d) Vb sé

Cau 5 : CS bao nhiéu phép tinh tién bién duwong thang d cho trudc thanh chinh né ?

a) Co vo sb phép b) Khéng cé phép nao

c) C6 mét phép duy nhat d) Chi c6 hai phép

Cau 6 : Cau nao sai day la sai ?

a) Phép tinh tién la phép doi hinh b) Phép doéi xirng truc la phép doi hinh
c) Phép quay, phép déi xirng tdm la phép doi hinh d) Phép vi tu la phép doi hinh

Cau 7 :Hinh gébm hai dudng tron phan biét cé cung ban kinh cé bao nhiéu tdm déi xirng
a) Mét b) Hai c) Khéng cé d) Vo s6

Cau 8 : C6 bao nhiéu phép tinh tié€n bién mot dwdng tron cho trudce thanh chinh né ?
a) Mot b) Khéng cé c) Hai d) Vo sb

Cau 9 : Trong mit phang toa dd Oxy néu phép tinh tién bién diém A (3;2) thanh diém
A’(2;3) thi n6 bién diém B (2,5) thanh :

a) B’(5;5) b) B’(5;2) c) B’(1;1) d) B’(1,6)
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Cau 13 : Trong mét phang Oxy cho diém M (2;3) . Hoi trong 4 diém sau diém nao la anh
clia M qua phép ddi xirng qua truc Ox ?

a)A(3;2) b) D (-2;3) c) B (2;-3) d) C(3;-2)

Cau 14 : Trong cac ménh dé sau , ménh dé nao dung ?

a) Cé phép déi xirng tdm cd hai di€m bién thanh chinh né .

b) Phép ddi xirng tdm cé ding mot diém bién thanh chinh né .

c) C6 phép ddi xirng tdm ¢ vo sé diém bién thanh chinh né .

d) Phép ddi xtirng tdm khéng cé diém nao bién thanh chinh né .

Cau 15 : Phép vij tw tdm I(-1;2) ti s6 3 bién diém A(4;1) thanh diém c6 toa do :

a) (16;1) b) (14;1) c) (6;5) d) (14;-1)

Cau 16 : Cho ¥ (-4;2) va dudng thang A: 2x-y-5=0 . Héi dnh claAqua Ty la A’ :

a) 2x-y+5=0 b) x-2y-9=0 c) 2x+y-15=0 d) 2x-y-15=0

Cau 17 : Cho tam gidc ABC c6 A(2;4), B(5;1), C (-1;-2) . Phép tinh tién Ty bién AABC
thanh AA’B’C’ . Toa d6 trong tdm cdia AA’'B’C’ la :

a) (-4;2) b) (-4;-2) c) (4;-2) d) (4;2)

Ciu 18 : Biét M’(-3;0) la anh cla cta M(1;-2) qua Ty; , M” (2;3) la anh cla M’ qua T3 . Toa
dou+v=>2

a) (3;-1) b) (-1;3) c) (-2;-2) d) (1;5)

Cau 19 : Cho dudng tron tdm O va hai day AB va CD song song vdi nhau . Phép déi xirng
truc bién A thanh B, bién C thanh D c6 truc d6i xirng 1a dudng thang :

a) Puong kinh cua (O) song song v&i AB b) Duong kinh cda (0O) vudng géc vdi AB ¢)
Duong kinh cla (O) vudng goc véi AC d) Duwong kinh cha (O) vubng gbc véi BD

Cau 22 : Trong mét phang cho tam gidc ABC . Goi M,N,P [an lwot |a trung diém cua
AB,BC,CA. Khi d6 phép tinh tién theo vecto U = %A_)C bién :

a) M thanh B b) M thanh N c) M thanh P d) M thanh A
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Cau 23 : Trong méit phang cho tam gidc ABC . Goi M,N,P [an lwot |a trung diém cua
AB,BC,CA. Khi d6 phép tinh tién theo vecto U = %B—C) bién :

a) Nthanh B b) N thanh M c) Nthanh P d) N thanh C

Cau 26 : Phép bién hinh nao sau day khong cé tinh chat : “ Bién mot dwong thang thanh
duong thang song song hodc trung vdi nd ”

a) Phép tinh tién b) Phép d6i xirng truc  c) Phép ddi xirng tdm d) Phép vi ty
Cau 27 : Trong cac ménh dé sau, ménh dé nao dung ?

a) Phép vi tv la mot phép doi hinh .

b) C6 mot phép déi xirng truc |a phép déng nhat .

c) Phép déng dang la mét phép doi hinh .

d) Thuc hién lién tiép phép quay va phép vi tu ta dwoc phép dong dang .

Cau 28 : Cho d: 2x+y-3=0. Phép vj ty tdm O ti s6 2 bién dwong thang d thanh :

a) 2x+y+3=0 b) 2x+y-6=0 c) 4x+2y-3=0 d) 4x+2y-5=0

Cau 29 : Phép vi ty tdm O(0,0) ti s -2 bién duwdng tron : (x-1)? + (y-2)? = 4 thanh:

a) (x-2)2 + (y-4)2=16 b) (x-4)?+ (y-2)>=4 c¢) (x-1)? + (y-2)?=16 d) (x+2)? + (y+4)?>=16

Cau 30 : Cho duwong thang d c6 phwong trinh : x+y-2=0 . Phép hop thanh cta phép dai
xrng tam 0(0,0) va phép tinh tién theo ¥ (3;2) bién d thanh dudng thang :

a) x+y-4=0 b) 3x+3y-2=0 c) 2x+y+2=0 d) x+y-3=0
Cau 31 : Cho d: 2x-y=0, phép d6i xirng truc Oy bién dwdng thang d thanh :
a) 2x+y-1=0 b) 2x+y=0 c) 4x-y+0 d) 2x+y-2=0

Cau 32 : Cho hinh vuéng ABCD tdm O . Goi M,N,P lan lwot |a trung diém cda céc canh
AB,BC,CD,DA. Phép do&i hinh nao sau day bién AAMO thanh ACPO :

a) Phép tinh tién vecto AM b) Phép déi xtrng truc MP .

c) Phép quay tam A géc quay -180° d) Phép quay tdm O gbc quay 180°
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Pé chung cho cau 33,34,35 .

Cho tam gidc ABC déu, cé cac dinh vé theo chiéu dwong . Trén dwong thang BC 1y 2
diém E va F sao cho’;:—i = —-2va I;:—i = 2.Goi M la diém di dong trén canh BC va M’ trén
canh AC sao cho BM = 2CM".

Cau 33 : Phép bién hinh nao bién diém M thanh diém M’ :

a) Phép doi hinh  b) Phép ddngdang c) Phépvity d) Khéng phdi ba dap an trén
Cau 34 : Goi f 1a phép bién hinh bién diém M thanh diém M’ . TAm chafnéucdla:

a) Tam clia dwong tron ngoai ti€p tam gidc ABC .

b) Giao diém cla cung I1&n BAC va dudng tron , duwdng kinh EF.

c) Giao diém cuta cung nhé BC va dudng tron , dudng kinh EF .

d) TAm la mot diém khac .

Cau 35 : Goi O la phép quay dudng tron ngoai ti€ép tam gidc ABC, tam gidc ABC bat bién
trong phép quay nao ?

a)Q(0;%) b)Q(O;Z?”) ) Q(0;m) d) Dap an khéc

Cau 36 : Cho luc gidc déu ABCDEF tdm O . Phép bién hinh nao bién tam gidc ABF thanh
tam giac CBD :

a) Quay tam O géc quay 120° b) Quay tam O gbc quay -120°

c) Phép tinh tién theo vecto AC d) Phép d&i xirng qua duong thang BE .
Cau 37 : Chon ménh dé sai

a) Phép tinh tién bién dudng tron thanh dudng tron cé cung ban kinh .

b) Phép vi tu bién dudng thang thanh duwdng thang song song hoic trung véi né .

c) Phép quay goéc quay 90° bién duong thang thanh duwdng thang song song hodc trung
vaing .

d) Phép quay goc quay 90° bién dudng thang thanh duwdng vudng géc vai né .
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Cau 38 : Trong cdc ménh dé sau, ménh dé nao sai ?

a) Hinh gdm mot duong tron va mot doan thang tuy v cé truc ddi xing .

b) Hinh gdbm hai duwdng tron khong bang nhau cé truc déi xing .

c) Hinh gdm mdt dudng tron va mot duwong thang tuy v o truc doi xing .

d) Hinh gdm mdt tam gidc can va duwdng tron ngoai ti€p tam gidc do co truc ddi xing .
Cau 39 : Trong méit phang , hinh nao duwdi day cé vo s tam doi xirng

a) Hinh tron b) Puong thang c¢) Hinh da giac 16i c6 sé canh 3 1é . d) Hinh tam
giac déu

Cau 40 : Trong mit phang, hinh nao dudi day cé vo sé truc dai xirng

a) Hinh tron b) Hinh vuéng c¢) Hinh da giac 16i c6 sé canh 13 1é d) Hinh tam giac
déu

Cau 41: Hinh chi* nhat ¢4 bao nhiéu truc doi xirng

a) Khong cé b) 4 c)1 d) 2

Cau 42 : Hinh tam gidc déu cé bao nhiéu truc d6i xirng

a)3 b) 2 c)1l d) Khéng cé

Cau 43 : Hinh tam giac déu c6 bao nhiéu tdm déi xirng

a)4 b) 3 c) Vo s6 d) Khéng cé

Cau 44: Hinh tao bdi hai dwdng thang cit nhau d va d’ .Vay hinh dé cé bao nhiéu tdm
ddi xirng ?

a)o b) 1 c)2 d) Vo s6
Cau 46 : Anh cla dudng thing d: -3x+4y+5=0 qua phép d6i xirng truc Ox 1 :
a) 3x+4y-5=0 b) 3x-4y-5=0 c) -3x+4y-5=0 d) x+3y-5=0

Cau 47: : Phép quay tam O (0;0) géc quay 90° bién duwdng thang d: x-y+1=0 thanh dudng
thang cé phuong trinh 13 :
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a) x+y-3=0 b) x+y+1=0 c) x-y+3=0 d) x+y+6=0
Cau 48 : Tim ménh dé sai : Phép doi hinh bién :

a) Mot doan thang thanh doan thang , mot tia thanh mét tia .

b) Mot dwdng thang thanh mdt dudng thang song song véind .

c) Mot duwdng tron thanh mot dwdng tron cé ban kinh bang ban kinh duéng tron d3 cho
. d) M6t tam gidc thanh mot tam giac bang né .

Cau 49 : Phép vj tu ti s k bién hinh vudng thanh :
a) Hinh thoi b) Hinh binh hanh c¢) Hinh vuong d) Hinh chi* nhat

Cau 50: trong mit phang Oxy cho M(-2;4). Toa d6 anh clia M qua phép vi tu tam O ti s
k=-21a

a) (-8;4) b) (-4;-8) c) (4;8) d) (4;-8)

Cau 51 : Cho hai dudng tron ti€p xuc ngoai véi nhau va khéng bang nhau . Xét cdc ménh
dé sau

|, C6 hai phép vi tu bién dudong tron nay thanh duwong tron kia .

1, Ti€p diém | 1a tAm vij tu cda phép vi ty bién dudng tron nay thanh dudng tron kia .
11, Ti s6 vi tw 13 ti s hai ban kinh .

a)Chilvall b) Chi Il va llI c) Chilvalll d) Ca LI

Cau 52 : Trong mit phang, néu phép bién hinh :

a) La phép doi hinh thi d6 la phép déng dang .

b) La phép dong dang thi d6 |a phép doi hinh .

c) Khdng phai la phép doi hinh thi dé la phép déng dang .

d) Khdng phai 1a phép déng dang thi dé |a phép doi hinh .

Cau 53 : Trong méit phang Oxy cho A(9;1) . Phép tinh tién theo vecto ¥ bién A thanh

a) B(4;-6) b) C (14;8) c) D(13;7) d) E (8;14)
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Cau 54 : Trong mit phang Oxy cho A(5;-3) . Hi A |13 anh cla diém nao trong cac diém
sau qua phép tinh tién theo vecto v (5;7) Ia :

a) (0;-10) b) (10;4) c) (4;10) d) (-10;0)

Cau 55 : Trong mat phéng Oxy cho dudong tron (x-8)2 + (y-3)2 =7 . Anh clia dudng tron
qua phép tinh tié€n theo vecto v (5;7) Ia :

a) (x-4)2 +(y-3)2=7  b) (x-13)>+(y-10)>=7  c) (x-7)*+(y-5)>=7  d) (x-3)* + (y+4)* =7

Cau 56 : Trong méat phang Oxy cho ¥(1;3) , phép tinh tién theo vecto nay bién duwong
thang d: 3x+5y-8=0 thanh dwong thang :

a)3x+2y=0 b)3x+5y-26=0 c)3x+5y-9=0 d) 5x + 3y- 10=0

Cau 57 : Trong cac phép tinh tién theo cac vecto sau phép tinh tié€n theo vecto nao bién
dudng thang d: 9x —7y+10=0 thanh chinh né :

a) v (7;9) b) ¥ (-7;-9)  ¢) Khdng ton tai vecto thod manyéucau d)a)vab)
dung

Cau 58 : Trong mit phing Oxy cho dudng tron (x-8)% + (y-3)2 =7 . Anh clia dudng tron
qua phép quay tam O géc 90° la :

a) (x+3)*+ (y-8)*=7  b) (x+3)* +(y-8)°=4 ) (x+8)*+(y-3)*=7  d) (x+8) + (y+3)* =7

Cau 59 : Trong mit phang toa d6 Oxy cho diém M(2;2) . Trong 4 diém sau diém nao la
anh cda diém M qua phép quay tdm O gdc -45° :

a) (2v2;0) b) (-2v/2;0) c) (0;2v2) d) (0;-2v2)

Cau 60 : Trong mit phang Oxy , cho diém M(4;6) va 1(2;3) . Hoi phép vi tu tam | ti s6 k=2
bién M thanh diém :

a) (6;9) b) (2;4) c) (3;2) d) (6;4)

Cau 61 : Trong cac khang dinh sau , khang dinh nao sai ?

a) Thyc hién lién tiép hai phép déng dang thi duwgc mét phép dong dang .
b) Phép doi hinh 1a phép dong dang ti sé k=1

c) Phép vi tu cd tinh chat bao toan khoang céch .

62



TRUGNG THPT HUNG VUONG THAI BINH NHOM TOAN

d) Phép vi ty khong la phép d&i hinh .

Cau 62 : D6 thi ham s6 y= cosx c6 bao nhiéu truc déi xirng ?

a) Khéng cé b) 1 c)2 d) Vo sb

Cau 63 : Trong cac ménh dé sau, ménh dé nao dung ?

a) Tam giac c6 truc ddi xirng b) T& gidc cé truc d6i xirng

c) Hinh thang c6 truc déi xirng d) Hinh thang can c6 truc déi xirng .

Cau 64 : Hop thanh cla hai phép doi xirng truc cé truc song song la phép :

a) Phép d6i xrng truc b)) Phép d6i xirng tdm  ¢) Phép quay d) Phép tinh tién
Cau 65 : Hop thanh cla hai phép d6i xirng truc cd truc cat nhau a phép :

a) Phép d6i xirng truc b) Phép quay c) Phép tinh tién d) Phép dong nhat
Cau 66 : Cho A (-3;7 ) . Diém A’ d&i xirng v&i A qua O (0;0) cé toa dd la :

a) (-6;14) b) (3;-7) c) (3;7) d) (-3;-7)

Cau 67 : Cho A(-3;7 ). Diém A’ d6i xirng véi A qua | (4;1) cé toa dd la:

a) (11;-5) b) (11;-7) c) (13;-5) d)(9;-5).

Cau 68 : Cho A (-3;7 ). Diém A’ d&i xirng v&i A qua truc hoanh cé toa dé la :

a) (3;7) b) (-3;- 8) c) (3;-7) d) (-3;-7).

Cau 69 : Cho A (-3;7). Piém A’ ddi xung voi A qua truc tung c6 toa dd 1a :

a) (-3;-7) b) (3;7) ) (3;6) d)(3:5).
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CHUYEN DPE 7: QUAN HE SONG SONG
I.  BAI TAP TRAC NGHIEM
Cau 1: Cac yéu tb nao sau day xac dinh mot mit phang duy nhat :
A. Ba diém B. Mot diém va mot duong thang
C. Hai duong thang cat nhau  D. Bén diém
Cau 2: Xét cac ménh dé sau :
1. Hai duong thang khong c6 diém chung thi chéo nhau.
2. Hai duong thang khong cat nhau va khong song song thi chéo nhau.
3. Hai duong thang chéo nhau thi khong c6 diém chung
Ménh dé nao dung ?
A.1va2ding B. 1 va 3 ding
C. Chi 3 dung D.Cal,2 va 3 déu ding
Cau 3: Ménh dé nao sau ddy ding :

A. Mot duong thang cat hai dudng thiang cho trude thi ca ba duong thiang d6 cing
nam trong mot mit phang.

B. Mot dudng thang cit hai duong thing cit nhau tai hai diém phan biét thi ca ba
duong thang d6 dong phang.

C. Mot dudng thang cat hai duong thang cat nhau cho trudc thi ca ba duong thang
d6 cling nam trong mot mat phang.

D. Ca B va C dung.
Cau 4: Cho céc gia thiét sau, gia thiét nao sau dy két luan dudng thang d1 // (P)

A.dl//d2vad2//(P) B.dn(P)=2

C.dl/d2vad2e (P) D.dl/(Q)va(Q)// (P)
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Cau 5: Trong khong gian cho 4 diém khong dong phang, c¢é thé xac dinh duoc
nhiéu nhat bao nhiéu mat phang phan biét tir cac diém do.

A2 B.3 C.4 D.5

Cau 6: Cho hinh chép S.ABCD véi day 1a tir giac 16i ¢6 cac canh ddi khong song
song. AC cat BD tai O, AD cat BC tai I. khi d6, giao tuyén ctia hai mat phang
(SAC)va(SBD) la:

A.SI B.SBC. SCD. SO

Cau 7: Cho tir dién ABCD. Goi I, K 1an luot 1a trung diém AB, AD. Giao tuyén
cua (CDI) va (BCK) 1a :

A.PRB. CRC.CPD.CQ

Céu 8: Cho tir dién ABCD. Piém M nam trén doan AC. (P) qua M va song song
v6i AB. Thiét dién cua (P) véi tt dién 1a :

A. Hinh thang B. Hinh binh hanh C. Hinh chit nhat D. Hinh vudng

Céu 9: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh, M 14 trung diém
SC. Goi N 1a giao diém cta dudong thang AM va (SBD). Khi d6, ti s6 AN/ MN 14 :

A.2B.3/2 C.1 D.2/3

Cau 10:Cho hai mit phang (P) va (Q) song song véi nhau. Ménh dé ndo sau day
sai:

A. Néu duodng thang a — (Q) thi a // (P)

B. Moi duong thang di qua diém A e (P) va song song véi (Q) déu nam trong (P).
C.dc(P)vad c(Q) thid//Ad.

D. Néu duong thang A cit (P) thi A ciing cét (Q).

Cau 11: Trong cac ménh dé sau, ménh dé nao ding:

A. Hai mp phén biét cing song song voi mot dudng thang thi song song v4i nhau.

B. Hai mp phan biét ciing song song véi mot mat phang thi song song voi nhau.
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C. Néu mot duong thang song song véi mot trong hai mit phang song song thi né
song song v&1 mat phang con lai.

D. Néu mot duong thang nam trén mot trong hai mat phiang song song thi né song
song vo1 moi duong thang nam trong mat phang con lai.

Cau 12: Cho mit phang (P) va dudng thang d — (P). Ménh dé nao sau day ding:
A.NéuA ¢dthiA¢(P).B.NéuA € (P)thiA € dCVA Acd= A e (P).

D. Néu 3 diém A, B, C € (P) va A, B, C thang hang thi A, B, C € d.

Cau 13: Trong cac ménh dé sau, ménh dé nao ding:

A. Hai duong thang khong cit nhau va khong song song thi chéo nhau.

B. Hai dudng thang khong song song thi chéo nhau.

C. Hai duong thang khéng c6 diém chung thi chéo nhau.

D. Hai duong thang chéo nhau thi khong c6 diém chung.

Céau 14: Cho 4 diém khong dong ph;ﬁng A, B, C, D. Goi M, N lan luot 13 trung
diém cua AD va BC. Khi d6 giao tuyén cua mp (MBC) va mp (NDA) la:

A.AD B. BC C. AC D. MN

Cau 15: Cho tir dién ABCD. Trén canh AD ly diém M, trén canh BC lay diém N
bat ki khac B, C. Goi (P) la mat phang di qua duong thang MN va song song voi
CD. Khi d¢ thiét dién cua tir dién ABCD khi cat b1 mat phang (P) 1a:

A. Mot doan théng. B. Mot hinh thang
C. M6t hinh binh hanh. D. M6t hinh chir nhat.

Cau 16: Cho tir dién ABCD. Goi M, N lan luot 13 trung diém AC, BC. Piém E e
DE DP 1

canh AD, diém P e canh BD sao cho— = — = —. Ménh d& nao sau day sai:
DA DB 3
_ 2 — A 2
A. EP = EMN B. M, N, E, P dong phang.
B. ME // NP D. MNPE la hinh thang.

Cau 17: Cho lang try tam gidc ABC.A'B'C'. Goi I, I' lan luot 1a trung diém cua
canh BC, B'C'. Ménh dé nao sau day dung:
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A. AL/ AT B. AA'Il' 14 hinh chit nhat
C.AC'cat AT  D. Al cit AB.

Cau 18: Cho hinh chép S.ABCD. Mp (P) cit cic canh SA, SB, SC, SD lan luot tai
A", B, C', D'. Goi A = (SAB)"\(SCD), A' = (SAD)"(SBC). Néu (P)//A hoic (P)/A'
thi A'B'C'D' 1a

A. Hinh thang B. Hinh binh hanh C. Hinh chit nhat D.Hinh vudng.

Cau 19: Cho hinh chép S.ABC c6 AB = AC, SB=SC. H, K lan luot 1a truc tim
tam giac ABC va tam giac SBC, Gva F lan luot 1a trong tdm cua tam gidc ABC va
tam giac SBC. Xét cac ménh dé sau:

(1) AH, SK va BC dong qui
(2) AG, SF cit nhau tai mot diém trén BC.
(3) HF va GK chéo nhau.
(4) SH va AK cit nhau.
Ménh dé sai la:
A. (1) B.(2) C.(3) D. (4)

Céu 20: Cho tir dién ABCD. Goi M, N lan luot I3 trung diém cia AC va BC. Trén
doan BD lay P sao cho BP = 2 PD. Khi d6 giao diém cua duong thang CD v&i mp
(MNP) la:

A. Giao diém ctia NP va CD. B. Giao diém ctia MN va CD.
C. Giao diém ctia MP va CD. D. Trung diém cua CD.
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II. TU LUAN

Bai 1. Cho tir dién ABCD. Goi M va N lan luot 12 trong tam cac tam giac ABC va BCD.
a) Chirng minh rang MN song song véi cic mit phang ABD va ACD.

b) Xéc dinh thiét dién tao boi mat phing qua MN va song song voi BD.

Bai 2. Cho hinh chop S.ABCD c¢6 day Ia hinh binh hanh. Goi M va N lan luot 1a trong tam cac tam giac
SAD va SCD.

a) Chtrng minh rang MN song song vi mp(SAC).
b) Xac dinh thiét dién tao boi mp(BMN) véi hinh chop.

Bai 3. Cho hai hinh binh hanh ABCD va ABEF khong cing nam trong mdt mat phang. Goi O va O’ lan
luot 1a tAm cua cac hinh binh hanh ABCD va ABEF; M va N lan luot 1a trong tam cac tam giac ABD va
ABE.

a) Chtng minh rang OO’ song song v&i cac mit phang (ADF) va (BCE).
b) Ching minh rang MN song song v6i mp(CEF).

¢) Goi P 1a diém trén canh AC va Q la diém trén canh BF. Tim vi tri cia cac diém P va Q sao cho PQ
song song v&i mp(CEF).

Bai 4. Cho tu dién ABCD. Goi M la trong tam cta tam giac ABC va N la mot diém trén canh AD sao cho
AN = 2ND. Chirng minh ring dudng thang MN song song v&i mit phing BCD.

Bai 5. Cho t&r dién ABCD. Goi M 1a diém trén canh AB sao cho MB = 2MA va N la diém trén canh CD
sao cho MB = 2MA va N 1a mét diém thudc canh CD (N khéng tring véi C va D).

a) Xac dinh thiét dién caa mp(P) véi tir dién.
b) Tim vi tri diém N trén canh CD sao cho thiét dién trén 13 hinh binh hanh.

Bai 6. Cho ttr dién ABCD. Goi M 1a diém trén canh AB sao cho MB = 2MA. Goi (P) la mit ph.’fmg di qua
M va song song v6i cac duong thang BC va AD. Xac dinh thiét dién tao boi mp(P) véi tir dién. Thiét dién
trén 1a hinh gi?

Bai 7. Cho tir dién ABCD. Goi M 1a diém trén canh AB(M khéng trung v6i A va B) va N 1a mot diém
MA CN .

trén canh CD(khong trung véi C va D) sao cho E + C_D =1. Goi (P) 1a mit phang chira MN va song

song vdi BC.

a) Xac dinh thiét dién tao boi mp(P) véi ti dién.

b) Chirng minh rang mp(P)//AD.
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Bai 8. Cho hinh chop S.ABCD c6 day la hinh binh hanh. Goi M 1a mét diém trén canh SC(khong tring
v6i S va C). Goi (P) 1a mit phing qua AM va song song v6i duong thing BD.

a) Xac dinh thiét dién tao bai mp(P) v6i hinh chop. Tim vi tri cia diém M sao cho thiét dién di qua trong
tdm cua tam giac SBD.

b) Goi E va F lan luot 13 giao diém ctia mp(P) v6i cac canh SB va SD. Goi I 1a giao diém cta EF va AM.
Chimg minh rang I 14 trung diém ciia EF va tim quy tich ctia diém I khi M di chuyén trén canh SC(M
khong trung voi S va C).

Bai 9. Cho hinh chop S.ABCD c6 day 1a hinh binh hanh.Goi M la diém trén canh SA(M khéng tring véi
S va A) va N la diém trén canh SC(N khong tring voi S va C). Goi (P) 1a mat phang qua MN va song
song véi BD.

a) Xac dinh thiét dién tao boi mp(P) véi hinh chop.
b) Tim vi tri cia M va N sao cho thiét dién trén 1a hinh binh hanh.

Bai 10. Cho hinh chop S. ABCD c6 déy 14 hinh binh hanh. Goi M 1a diém trén canh SB sao cho MS =
2MB. Goi (P) 1a mat phang di qua AM va song song v&i BD.

a) Xéc dinh thiét dién tao boi mp(P) v6i hinh chop.
b) Chimg minh ring giao diém cua (P) voi SC 1a trung diém cia SC.

Bai 11. Cho hinh chop S.ABCD c6 day 1a mot tir giac 16i ¢6 cac cdp canh ddi ndm trén cac duong thang
cit nhau. Mot mp(P) cit cac canh SA, SB, SC, SD lan luot tai cac diém A’, B, C*, D’. Goi I 1a giao diém
cua AC va BD.

a) Chig minh rang cic duong thang A’C’, B’D’ va SI dong quy tai mot diém.
b) Tim diéu kién ctia mp(P) dé tr giac A’B’C’D’ 1a hinh thang.
¢) Tim diéu kién ctia mp(P) dé tt giac A’B’C’D’ 1 hinh binh hanh.

Bai 12. Cho tir dién ABCD. Goi E 12 mot diém thudc mién trong tam giac BCD. Goi (P) 1a mat phéng qua
E va song song vdi cac dudong thflng BC va AD va cét cac canh AB, AC, BD, CD lan luot tai M, N, P, Q.
Chung minh ring tir gidc MNPQ 1 hinh binh hanh.
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CHUYEN DPE 8: QUAN HE VUONG GOC
L TRAC NGHIEM

Céu 1: Cho hinh chép S.ABC c6 day ABC la tam giac can tai A, canh bén SA vudng goc

véi day, M 1a trung diém BC, J 13 trung diém BM. Khang dinh nao sau day ding ?
A. BC 1 (S4B) B. BC 1 (S4AM) C. BC L (SAC) D. BC 1 (S4J)
Cau 2: Cho hinh chop S.ABCD c6 ddy ABCD Ia hinh chir nhat tdm I, canh bén SA vuong goc
v6i day. Khang dinh nao sau day dung ?
A. (SCD) 1L (S4D) B. (SBC) L (SIA) C. (SDC) L(SAI) D. (SBD) L (SAC)
Cau 3: Choﬂ hinh chép S.ABCD c¢6 ddy ABCD la hinh chir nhat tam I, canh bén SA vudng goéc
vo1 day. Piém cach déu cac dinh cta hinh chop la
A. trung diém SB B. Diém nam trén dudng thang d / SA va khong thudc SC
C. trung diém SC. D. trung diém SD
Céu 4: Cho hinh chop S.ABC c6 day ABC la tam giac can tai A, canh bén SA vuodng goc voi
day, M 1a trung diém BC, J 1a trung diém BM. Géc gitta 2 mit phang (SBC) va (ABC) la:
A. gbc SBA B. goc SJA C. gbc SCA D. gbc SMA
Cau 5: Cho hinh chop S.ABCD c6 day ABCD Ia hinh thoi tam I, canh bén SA vuong gbéc vaoi
ddy, H,K 1an luot 1a hinh chiéu ctia A 1én SC, SD. Khang dinh nao sau day ding ?
A. (SIC) L(SCD) B. (SCD) 1L (AKC) C. (S4C) L (SBD) D. (AHB) 1 (SCD)
Cau 6: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi tdm I, canh bén SA vudng goc véi
ddy. Khang dinh nao sau day dung ?
A. (SBC) L (SIA) B. (SBD) 1 (SAC) C. (SDC) L(SAI) D. (SCD) 1L (SAD)
Cau 7: Cho hinh chop S.ABC c6 day ABC Ia tam giac vudng tai A, canh bén SA vudng goc voi
ddy, 11a trung diém AC, H 13 hinh chiéu cua I 1én SC. Khang dinh nao sau day dung ?
A. (SBC) 1 (S4B) B. (BIH) L (SBC) C. (SAC) L (S4B) D. (SAC) L (SBC)
Céu 8: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vudng goc voi
day, I 1a trung diém AC. Bi€ém cach déu céac dinh cua hinh chop la
A. Piém nim trén duong thang d // SA, d di qua M 1a trung diém BI C. trung diém SC
B. khong ton tai diém cach déu cac dinh cta hinh chop D. trung diém SB
Céu 9: Cho hinh chop S.ABCD co6 day ABCD la hinh chir nhat tam I, canh bén SA vudng goc
v6i day. H,K 1an luot 1a hinh chiéu ctia A 1én SC, SD. Ki hiéu d(A4,(SCD)) la khoang cach gitra
diém A va mit phdng (SCD). Khang dinh nao sau day diung ?

A. d(A4,(SCD))=AC B. d(A4,(SCD))= AK
C. d(A,(SCD))= AH D. d(A,(SCD))= AD

Cau 10: Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vubng goc voi
ddy, 11a trung diém AC, H 12 hinh chiéu cua I 1én SC. Khang dinh nao sau day dung ?
A. (SAC) L (S4B) B. (BIH) L(SBC) C. (SAC)L(SBC) D. (SBC)_L(S4B)

62



TRUGNG THPT HUNG VUONG THAI BINH NHOM TOAN

Céu 11: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vuéng goc voi
day, M 1a trung diém BC, J 1a trung diém BM. Khang dinh ndo sau day dung ?

A. BC 1 (S4B) B. BC L (SAJ) C. BC L (S4C) D. BC L (S4AM)
Céu 12: Cho hinh chop S.ABCD c6 day ABCD la hinh thoi tam I, canh bén SA vuéng goc voi
day, H,K lan luot 1a hinh chiéu ctua A 1én SC, SD. Khang dinh nao sau day ding ?

A. AK 1 (SCD) B. BC L (S4C) C. AH 1 (SCD) D. BD 1 (SAC)
Ciau 13: Cho hinh ling try dimg ABCD.A'B'C'D' ¢6 day ABCD la hinh vuéng. Diém cach déu
cac dinh cua hinh lang tru 1a

A. Giao diém ciia A'B va ABC' B. khong ton tai diém cach déu cac dinh cta hinh ling tru
C. Giao diém ctia A'D va AD' D. Giao diém ctia A'C va AC'

Céu 14: Cho hinh chop S.ABCD c6 day ABCD la hinh thoi tdm I, canh bén SA vuéng goc voi
day, BD = 2AC. Diém cach déu céc dinh cta hinh chop la

A. trung diém SC B. khong t6n tai diém cach déu cac dinh ctia hinh chép .
C. Diém nam trén duong thang d // SA D. trung diém SD

Céu 15: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vuéng goc voi
day, I 1a trung diém AC, H 1a hinh chiéu cua I 1én SC. Ki hiéu d(a,b) la khoang cach gitra 2
dwong thang a va b. Khang dinh nao sau day ding ?

A. d(SA,BC)=AB B. d(BI,SC)=1IH C. d(SB,AC)=1IH D. d(SB,AC)=BI
Cau 16: Cho hinh chop S.ABC c6 day ABC la tam giac can tai B, canh bén SA vudng goc voi
ddy, M 1a trung diém BC, J 1 hinh chiéu ctia A 1én BC. Khdng dinh ndo sau day dung ?

A. BC 1 (S4J) B.BCL(S4B) C. BC L(S4C) D. BC L (S4AM)

Cau 17: Cho hinh chép S.ABC c6 day ABC la tam giac can tai B, canh bén SA vudng goc voi
day, M la trung diém BC, J 1a hinh chiéu cua A 1én BC. Ki hiéu d(4,(SBC)) la khoang cach gitta
diém A va mit phang (SBC). Khang dinh nao sau day ding ?

A. d(A,(SBC)) = AK v&iK la hinh chiéu cla A |én SC

B. d(A,(SBC)) = AK vdiK la hinh chiéu cGa A 1én SM

C. d(A4,(SBC)) = AK véiK la hinh chiéu cta A |én SB

D. d(A4,(SBC)) = AK vd&iKla hinh chiéu cia AlénS)

Cau 18: Cho hinh ling try dimg ABCD.A'B'C'D' ¢6 day ABCD la hinh vudng. Khang dinh
nao sau day dang ?

A. (AB'C)L(BA'C") B.(4AB'C)L(B'BD) C.(AB'C)L(D'AB) D. (AB'C) L (D'BC)
Céu 19: Cho hinh chop S.ABC c6 day ABC la tam giac can tai A, M 1a trung diém AB, N 1a
trung diém AC, (SMC) L (ABC),(SBN) L (ABC), G la trong tdm tam giac ABC, I 1a trung
diém BC. Khing dinh nao sau day ddng ?

A. (SIN) L (SMC)  B. (S4C) L(SBN) C. (SIM) L (SBN) D. (SMN) L (SAI)
Cau 20: Cho hinh ling try ding ABCD.A'B'C'D' c6 ddy ABCD la hinh vudng. Khdng dinh nao
sau day dang ?

A. A'C L (B'BD) B. A'C L(B'C'D) C. AC L(B'BD") D. AC L(B'CD")
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Cau 21: Cho hinh chép S.ABCD ¢6 day ABCD Ia hinh chir nhat tam I, canh bén SA vudng goc
v6i day. H,K 1an luot 1a hinh chiéu ctia A 1én SC, SD. Ki hiéu d(a,b) la khoang cach giira 2
dwong thang a va b. Khang dinh nao sau day ding ?

A. d(AB,SC)=BS B. d(AB,SC) = AK C. d(AB,SC)= AH D. d(AB,SC)=BC
Céu 22: Cho hinh lang try dimg ABC.A'B'C' ¢6 day ABC la tam giac déu. M, N lﬁp luot 1a trung
diem AC va A'C'. G, G' 1an luot 1a trong tam tam gidc ABC va tam gidc A'B'C'. Biém céach déu
cac dinh cua hinh lang tru 1a

A. trung diém MN B. khong ton tai diém cach déu cac dinh cua hinh ling tru
C. trung diém GG' D. trung diém CC'

Cau 23: Cho hinh chép S.ABC c6 day ABC la tam gidc can tai B, canh b?n SA vuong gbc voi
day, I 1a trung diém AC, H 1a hinh chiéu cua I 1én SC. Gdc giira 2 mat phang (SBC) va (SAC) la:
A. goc ASB B. goc IHB C. goc AHB D. goc ACB

Cau 24: Cho hinh chop S.ABC c6 day ABC la tam giéac can tai C, (S4AB) L (ABC),SA=SB, 1
1a trung diém AB. Khéng dinh nao sau day sai ?

A. ST L(4BC)  B.IC L(SAB) C. SAC=SBC  D. SA L (4BC)

Cau 25: Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai C, (S4B) L (ABC), SA =SB
, 11a trung diém AB. Diém cach déu cac dinh ciia hinh chép nam trén duong thang nao sau day
A. duong thang SI

B. dudng thang d // SI, d di qua M 12 trung diém BC

C. duong thing SC

D. duong thang d // SI, d di qua G 1a trong tdm tam giac ABC.

Cau 26: Cho hinh7ch(')p S.ABC c6 déy,ABC la tam giac can tai B, canh bén SA vuong goc voi
ddy, M 1a trung diém BC, J 1 hinh chiéu ctia A 1én BC. Géc giita 2 mit phang (SBC) va (ABC) la:
A. gbc SBA B. goc SJA C. goc SMA D. gbc SCA

Céu 27: Cho hinh lang tru déimg ABC.A'B'C' c6 day ABC 1a tam giac déu, I 1a trung diém AB. Ki
hiéu d(A44',BC) 1a khoang cach giita 2 dudng thang AA' va BC. Khang dinh nao sau day ding ?
A. d(AA'\BC)=AB  B.d(A4AA',BC)=1IC C. d(AA',BC)=A'B D. d(AA',BC)= AC
Céu 28: Cho, hinh lang tru ding ABC.A'B'C' ¢c6 day ABC la tam giac vuong tai B, I 1a trung
diém AB. Khang dinh nao sau day dung ?

A. (ABC) L(B'AC) B. (A'IC)L(A'4AB) C.(A'BC)L(A'AB) D. (A'BC)L(A'4AC)
Cau 29: Cho hinh chép,S.ABCD c6 day ABCD la hinh thoi tam I, canh bén SA vudng goc voi
day. Goc gilra 2 mat phang (SBD) va (ABC) la:

A. goc SIA B. goc SBA C. goc SIC D. goc SDA

Céu 30: Cho hinh chop S.ABC c6 day ABC la tam giac cén tai A, M la trung diém AB, N 1a
trung diém AC, (SMC) L (ABC),(SBN) L (ABC), G la trong tdm tam giac ABC, 1 1a trung
diém BC. Khang dinh nao sau day dung ?

A. SI 1 (4BC) B. SG L (ABC) C. 14 1 (SBC) D. SA L (4BC)
Céu 31: Cho hinh chép S.ABC c6 day ABC 1a tam giac déu c6 trong tim G, canh bén SA vudng
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goc véi day, 1 1a trung diém AC, dyng hinh chir nhat SAGN. Diém cach déu cac dinh ciia hinh
chop la

A. trung diém SC B. khong ton tai diém cach déu cc dinh
cua hinh chop
C. trung diém SB D. trung diém GN

Cau 32: Cho hinh chop S.ABC c6 day ABC la tam gi4c can tai A, canh bén SA vudng goc voi
day, M la trung diém BC, J 1a trung diém BM. Ki hiéu d(A4,(SBC)) la khodng cach gitra diém A
va mat phdng (SBC). Khang dinh nao sau day ding ?

A. d(A,(SBC)) = AK v&iK la hinh chiéu cta A |én SC

B. d(A,(SBC)) = AK v&iK la hinh chiéu cGa A lén S

C. d(A4,(SBC)) = AK v&iK la hinh chiéu cla A |én SB

D. d(A4,(SBC)) = AK vd&iK Ia hinh chiéu cta A 1én SM

Cau 33: Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai A, (SAB) L (ABC), SA =
SB, I1atrung diém AB. Khang dinh nao sau day sai ?

A. IC 1 (S4B) B. SI L (ABC) C. AC 1 (84B) D. AB 1 (SAC)

Cau 34: Cho hinh chop S.ABC c6 day ABC la tam giac vudng can tai A, canh bén SA vuong
gdc voi day, I 1a trung diém AC, M 1a trung diém BC, H 1a hinh chiéu cua I 1én SC. Ki hiéu
d(a,b) 1a khodng céch giita 2 dudng thang a va b. Khang dinh nao sau day ding ?

A. d(BI,SC)=IH  B.d(S4,BC)=AB  C. d(SA,BC)= AM D. d(SB, AC) = BI
Céu 35: Cho hinh lang tru ding ABC.A'B'C' ¢6 day ABC la tam giac vuodng tai B. M, N lan
lugt 1a trung diém AC va A'C'. G, G' lan luot la trong tam tam giac ABC va tam giac A'B'C".
Diém céach déu cac dinh cta hinh lang tru la

A. trung diém MN B. trung diém GG'

C. khong ton tai diém cach déu cac dinh cta hinh ling try D. trung diém CC'

Cau 36: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi tam I, canh bén SA vudng goc véi
day, H,K lan luot 1a hinh chiéu cua A 1én SI, SD. Ki hiéu d(A4,(SBD)) la khodng cach gitra diém
A va mit phang (SBD). Khang dinh nao sau day ding ?

A. d(A,(SBD))= AH B. d(A,(SBD))=AI C.d(A,(SBD))=AK D. d(A,(SBD))= AD
Céu 37: Cho hinh lang try dimg ABC.A'B'C' c6 day ABC la tam giac vuong tai B, I 1a trung
diém AB. Ki hiéu d(A4B,B'C") |a khoang céch gitta 2 dudng thdng AB va B'C'. Khang dinh nao
sau day dung ?

A. d(AB,B'C")=AB' B. d(AB,B'C"Y=BC' C.d(AB,B'C')=AA"' D. d(A4B,B'C")=AC'
Cau 38: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat tdm I, canh bén SA vudng goc
v6i day. H K 1an luot 12 hinh chiéu cua A 1én SC, SD. Khdng dinh nao sau day dung ?

A. BD 1 (SAC) B. AK 1 (SCD)  C. BC L (SAC) D. AH 1 (SCD)

Cau 39: Cho hinh chop S.ABCD c6 day ABCD 1a hinh chit nhat tdm I, canh bén SA vudng goc
véi day. H K 1an luot 12 hinh chiéu cua A 1én SC, SD. Khdng dinh nao sau dy dung ?

A. (SAC) L (SCD) B. (SAC) L (SBD) C. (SAC) L (SBC) D. (SCD) L (AKC)
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Cﬁ}l 40: Cho hinh lang try dimg ABC.A'B'C' ¢6 day ABC la tam giac déu, I 1a trung diém AB.
Khang dinh nao sau day dung ?

A. (A'IC) L(A'AB) B. (ABC) L (B'AC) C.(A'BC)L(A'AB) D. (A'BC)L(A'4AC)
Cau 41: Cho hinh chop S.ABC c6 day ABC la tam giéac can tai C, (SAB) L (ABC),SA=SB, 1
1a trung diém AB. Gdc gitta dudng thing SC va mat phing (ABC) la:

A. gbc SCI B. goc SCA C. gbc ISC D. gbc SCB

Céu 42: Cho hinh chop S.ABC c6 day ABC 1a tam giac cén tai A, M la trung diém AB, N 1a
trung diém AC, (SMC) L (ABC),(SBN) L (ABC), G la trong tam tam gidc ABC, I 1a trung
diém BC. Khang dinh nao sau day dung ?

A. AB 1 (SMC) B. /14 1 (SBC) C. BC L (841) D. AC 1L (SBN)
Céu 43: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai A, canh bén SA vudng goc
voi day, M 1a trung diém BC, dung hinh chit nhat SAMN. Diém céch déu cac dinh ctia hinh chop
la

A. trung diém SC B. khong ton tai diém cach déu cac dinh cua hinh chép
C. trung diém SB D. trung diém MN

Cau 44: Cho hinb chop S.ABC c6 dé}{ ABC la tam giac can tai B, canh bén SA vuong goc voi
day, I 1a trung diém AC, H 1a hinh chiéu cua I 1én SC. Ki hiéu d(a,b) la khoang céach gitra 2
dwong thang a va b. Khdng dinh nao sau day ding ?

A. d(SA,BC)=AB B. d(SB,AC)=IH C.d(BI,SC)=1IH D. d(SB,AC)=BI
Cau 45: Cho hinh chop S.ABC c6 day ABC la tam giac can tai B, canh bén SA vudng goc voi
day, I 1a trung diém AC, H la hinh chiéu cta I 1én SC. Khang dinh nao sau day dung ?

A. (BIH) L (SBC) B. (SAC) L (S4AB) C. (SBC) L (S4B) D. (S4C) L (SBC)
Céu 46: Cho hinh chop S.ABCD c¢6 day la hinh vudng canh a, mat bén SAB 1a tam giac déu va

nam trong mat phang vudng goc voi mit phiang day. Tinh theo a khoang cach tir diém A dén mat
phang (SCD) duoc két qua

A O3 g, 93 C. 3a p, &3
7 V5 J7

Céu 47: Cho hinh chop S.ABCD c6 day ABCD Ia hinh chir nhat tam I, canh bén SA vuéng goc

v6i day. H K 1an luot 1a hinh chiéu ctia A 1én SC, SD. KN//CD, N thudc SC. Géc gilta 2 mat

phang (SCD) va (SAD) la:

A. gbc AKN B. goc AKH C. goc ADC  D. g0c ASC

Céu 48: Cho hinh chop S.ABC c6 day ABC la tam giac can tai A, M 1a trung diém AB, N 1a

trung diém AC, SB = AB, (SMC) L (ABC),(SBN) L (ABC), G la trong tam tam gidc ABC, LK

1an luot 1a trung diém BC, SA. Ki hiéu d(a,b) 13 khoang cach giita 2 duwdng thang a va b. Khing

dinh nao sau day dang ?

A. d(SA,BC)=14 B. d(SA,MI)=1IK C. d(SA,BC)=1IK D. d(S4,BC)=1S

Cau 49: Cho hinh chop S.ABCD c6 day ABCD 1a hinh vuong canh a, méat phéng (SAB) vudng

goc véi mat phang day, SA=SB, goc gitra duong thang SC va mit phang d4y bang 45°. Tinh theo
a khoang cach tir diém S dén mit phing (ABCD) duoc két qua
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. C.

2 2 2
Céu 50: Cho hinh chop S.ABC c6 day ABC la tam giac vudng can tai A, mat bén SBC la tam
gidc déu canh a va mat phang (SBC) vudng goc voi mat day. Tinh theo a khoang cach gitra hai
duong thang SA, BC duoc két qua

A. a3 B. a3 C. aJs D. av2
4 2 2 2

A. a3 B a5 4 D. “\25

Céu 51: Cho hinh lang try tam gidc déu ABC.A’B’C’ ¢6 AB =a, goc gilra hai mat phang
(A’BC) va (ABC) bang 60°. Tinh theo a khoéang cach gifta hai mat phang (ABC) va (A’B’C’)
duoc két qua

A2 B. 2 ¢ Ya  p 3
2 2 2 2

Cau 52: Cho lang tru ABCD.A1B1CiD1 c6 ddy ABCD Ia hinh chitr nhat. AB =a, AD = a\/g .
Hinh chiéu vudng goc cua diém A1 trén mit phéng (ABCD) tring vdi giao diém AC va BD. Goc
gitta hai mat phing (ADD:1A1) va (ABCD) bang 60°. Tinh khoang cach tir diém B1 dén mit
phang (A1BD) theo a duoc két qua

A M2 B, 43 .t pab
2 2 2 2
Cau 53: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi canh a, canh bén SA vudng goc véi
day, @ =120°, M Ia trung diém canh BC va SMA = 45° . Tinh theo a khoang cach tir D dén
mdt phang (SBC) dugc két qua
A 96 B, V6 a5 paBl
2 4 4 4
Céu 54: Cho hinh chop S.ABC c6 day ABC 1a tam giac déu, (SAB) L (4BC), SA=SB, 11a
trung diém AB. DPiém cach déu cac dinh ctia hinh chép thudc dudng thang nao
A. duong thing d // SL, d di qua M 1a trung diém BC
B. duong thang d / S, d di qua G 1a trong tim tam giac ABC.
C. dudng thang SB
D. duong thiang SC
Céu 55: Cho hinh lang try ABC.A'B'C’ ¢6 day ABC la tam giac déu canh a, AA’ =2a va dudng
thang AA’ tao v61 mét phang (ABC) mét goc bang 60°. Tinh theo a khoang céch tir D dén mat
phang (SBC) duoc két qua

A. a2 B. 3a C. a3 D. a5
Cau 56: Cho hinh chop S.ABC c6 day ABC la tam giac can tai C, (S4B) L (ABC),SA =SB =
AC, Tlatrung diém SC, K 1a trung diém SI . Géc giita 2 mit phang (SAC) va (SBC) la:

A. goc ASB B. goc AKB C. goc ACB D. goc AIB

Céu 57: Cho hinh chop S.ABC c6 day ABC la tam giac vudng can tai B, AB = a, SA vudng goc

v6i mit phang (ABC), goc giira hai mat phang (SBC) va (ABC) bang 300 Goi M 1a trung diém
ctia canh SC.Tinh khoang cach tir diém M dén mit phang (SAB) theo a bang

62



TRUGNG THPT HUNG VUONG THAI BINH NHOM TOAN

A. la B. la C.a D. la
3 4 2

Cau 58: Cho hinh chop S. ABC c6 day ABC la tam giac vuong can tai A, AB= a~/2;SA=SB
= SC. Géc gitra dudng thang SA va mat phang (ABC) bang 60°. Tinh theo a khoang cach tir
diém S dén mat phang (ABC) dugc két qua

A. "*f B. a2 C. a3 D. "‘E

Cau 59: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tdm I, canh bén SA vudng goc véi
day, H,K 1an luot 1a hinh chiéu cta A 1én SI, SD. M,N lan luot 13 trung diém cua SB,AD. Ki hiéu
d(MN,SI) 1a khoang cach gitta 2 dwdng thang MN va SI. Khang dinh nao sau day ding ?

A. d(MN, SI) = %AK B. d(MN, SI) = %AI

C. d(MN,SI) = %AB D. d(MN, SI) = %AH

Cau 60: Cho hinh chop S.ABC c6 day ABC la tam gidc vuong tai A, (S4B) L (ABC), SA =SB
, 11a trung diém AB. Piém cach déu cac dinh cta hinh chép thudc dudng thing nao

A. duong théng d// SI, d di qua G la trong tdm tam giac ABC.

B. duong thang SB

C. dudng thang d // SI, d di qua M 1a trung diém BC

D. duong thang SC
DANG 2: KHOANG CACH

Cau 1.Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng canh a, SA L (ABCD) va
SA = 2a. Tinh khoéang cach tir diém B dén mp (SAC).

B‘“E c“ﬁ D“ﬁ
T3 "4 2

AL
) D

Cau 2. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, SA 1 (ABCD)va

SA=a\/6 . Tinh khoang cach tir A dén mat phang (SBD).

A. a7 B. aJ78 C. ay78 D. ay78

- 13 12 10 15

Cau 3. Cho hinh chop S.ABCD c¢6 day la hinh vuoéng canh a, mat bén SAB la tam giac

déu va nam trong mit phang vudng goc voi mat phang day. Tinh theo a khoang cach tir
diém A dén mat phang (SCD) duoc két qua

INAE AL C.3a p. o3

7 J5 J7
Céu 4. Cho hinh chép S.ABCD c¢6 day 1a hinh vudng tim O,canh bing a. Cho biét hai
mat bén (SAB), (SAD) cung vudng goc vdi day (ABCD) va S4 = a2
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Khoang cach tir A dén mit phang (SBD) bang:
A a~J10 a2 D. a10
- 5 3 15
Cau 5. Cho hinh chop S.ABCD c¢6 day ABCD la hinh chir nhat SA L (ABCD). Cho AC
=5a, AB=4a, SA =a+/3. Tinh khoang cach tir A dén mit phang ( SCD)
A B.2¢ c.2 D.2%

4 3 2 - 2
Cau 6.Cho hinh chop S.ABCD c6 day ABCD 1a hinh chir nht v6i 4B=a,4D =2a,
SA L (ABCD) va S4 = a. Khoang cach tir A dén mat phang (SBN).

a«/ﬁ B 2a\/§ C 4a\/§ D a\/z

33 T 33 = 33 T
Cau 7.Cho hinh chop S.ABCD c¢6 day ABCD la hinh chir nhat. AB = a2 ,BC=a,
SB=a+2 SBL (ABCD). Goi H, K 12 hinh chiéu cta B trén SA, SC. Tinh khoang cach tir
H dén mp(SBD).

A. a6 B. 4o

6
- 6 4

a

B. C.

5
5

A.

a6

2

C. D.

a6
3

Cau 8. Cho hinh chop S.ABCD c6 day ABCD la hinh chit nhat, AB = a, AD = a\/g ,

SD=av7 va SA L(ABCD). Goi M, N lan luot la trung diém ciia SA va SB. Tinh

khoang cach tur S dén mat phang (MND).

B a3
"3

a a

2 3 D. a\/g
2 4 =" 9
Cau9. Cho hinh chop S.ABCD véi ABCD la hinh vuong canh a, SA vudng goc voi mat

A. C.

(ABCD) va SA= a33 Tinh khoang cach gitra hai duong chéo nhau AB va SD
Al B.2 c.? D2
3 5 4 2

Cau 10. Cho hinh chop S.ABCD cé day 1a hinh vudng canh a , canh bén SA vudng gbéc

v6i mit phiang (4BCD), SA = a\/§ . Tinh theoa khoang céach giira hai duong thang SB va
AC.

A av21 aN21 C. a21
-7 3 21
Cau 11.Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh vuéng canh a tam O,SA=a va SA
vudng goc voi day . Khoang cach giita hai duong thang SC va AD 14 :

A 42 p.av3 c. a2 p. 43

2 4 3 )

B. D.

aN?21
2
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Céu 12.Cho hinh chop S.ABCD co6 day ABCD la hinh vudng canh a tam O,SA=a va SA

vuong goc véi day . Khoang céch gitra hai duong thang SB va CD 1a :

A a2 B. 4 3 C a2
- 2 3

Cau 13. Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat, AB = a, AD = a3,

SD=a/7 va SA L (ABCD). Goi M, N lan luot 1 trung diém ctia SA va SB. Tinh
khoang céch tr S dén mat phang (MND).

D.a

a a

2 3 p a3

2 4 =" 9

Cau 14. Cho hinh chép S.ABCD c6 déy 1a hinh vuong ABCD canh a, SA =a+/3 va SA
vudng goc voi mit phang (ABCD). Tinh khoang céach gitra duong thing AD va mit
phang (SBC).

A. B. C.

av'3
3

g.af C.% D.a\3
Céu 15.Cho hinh chép S.ABCD c6 day ABCD 14 hinh thoi . Biét rang t&r dién SABD la
tir dién déu canh a . Khoang cach giita hai dudng thang BD va SC 1a :
A a3 3a\3 c a3 D, Jav3
4 4 2 2

Cau 16.Cho hinh chép S.ABCD , day 1a hinh thang vuong tai A va B véi AB=BC=a,
AD =2a,SA 1 (ABCD) va SA = a . Khoang cach giita hai duong thang SB va CD 1a :
a3 p.3aV3 c. a3 3
4 4 3 2
Cau 17.Cho hinh chop S.ABCD , day 1a hinh thang vudng tai A va B véi AB=BC =a,
AD =2a,SA L (ABCD) va SA = a . Khoang céach giita hai duong thang AC va SD 1a :
w2 G o2 o a3

6 "3 "9 "3
Cau 18.Cho hinh chép S.ABCD c6 day 1a hinh vuéng canh a, SA = a+/3 va SA vudng
goc v6i miat phang day. Tim khoang cach tir diém A dén (SBD).

av21 c a2l b

a
21 = 7 7

A.a 3
3

B.

a

A. D.

A.

A. B.

av21
3
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